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Bi Kip Bat Diang Thire Nhu Lai Than Truong ‘. ”j“
Version 1.0 Super Kili~=*

I, Giwi thiéu

Chao cac em, khi cac em dang doc nhimg dong nay la trén tay cac em dang so hiru tim phap cong pha Bit
ang Thirc dé THPT Qum Gia bang may tinh fx - 570 es, vn, vinacal plus. Bét Dang Thirc luén la mét cau kho
nhét trong dé Pai Hoc va so luong 10 diém hdm:, nam cung khong co nhiéu, thé nhung khong co nghia la chung ta
tir ba, va dac biét 1a lam Toan rat du thoi gian ké ca la khi soat xong, vay nén tai sao ching ta khéng danh thoi gian
du do dé kiém thém 0.25-0,5 diém vai hoe sinh kha, con kha cimg thi ha guc no ludn,

Vi tu cach la | ngudn di trude, da timg duoc 10 mon Toan dé khdr B nam 2013, hom nay thi anh xin dugc
chia sé nhirng thu thudt, nhitng * manh™ cta anh dé chinh phuc BBT, va bit bi thém |4 cip 3 anh ciing hoc |
trirong binh thuung cua Huyén chur khong phai truong -::hu:,u,n |6p chon gi ma con lam duge BDT.

Bi kip nay la | trong 4 bi kip anh da phat vé mén Toan, truoc khi doc bi kip nay cac em nén doc thém vé
Bi Kip I[:: va Phuong Trinh, Bat phuong trinh dé lam quen va vimg chic hon.

I, Yéu ciu

1. Co thai d hoc tip cham chi, can cu, khéng tir bo va tu tin vae ban than

2. Co 1 chiéc may tinh cAm tay fx 370 es hodc vn , vinacal
[, N§i dung
Phin 1 : Cic kién thire co bin cin nam ‘F{I']Ig

1. Bat ding thire Cd-si cho 2 va 3 s0 khéng im :

Danh gia tong vai tich - x+ y 2 2. /xy x+y+z23inz
R T I | 4 I 1 1 9
Dang phin s6. —+—= —t—t 2 —
X v x+y X ¥ Z X¥y+:

Téng va tong binh phuong: e +y)2(x+v)y =24dxy My +y +27)2(x+v+2) 2907
Diu =" sdyvratal x=y
Trong Bt dang thire nay can chi y téi “Diém roi la ddu “=" say ra tai dau d]Lu ndy rat quan trong dé khi ta ghép
cho dung. Va BDT nay co trong sach giao khoa lop 10 do do ma ta khong can phai chimg minh thém va trong
nhitng nam gan d*‘-‘t} BDT nay cang dugce sur +:I|,mu nhiéu trong dé thi thir va BH.

2. Mt sé bat ding thirc phy cén biét:

Vai gb=1 thi : -~ + — = 2 viri ab <1 thi bat dang thac doi chiéu, diu *=" say ra khi a=b=1
l+a- l+b l+ab '

3. Phin tich cdu tric bai Bit Ding Thire trong dé Pai Hoc
Trich n’iu; 10 dé Toan THPT QG 2016 : 1 _ 1
Cho cac s6 thuc a,b, ¢ thude doan [1:3] va thoa man didu kién ¢ +b+c=6_ Tim gid tr1 lon nhat cua biéu thire:

@b+ v otd v 2abe+ 72
P= — —ahe
b+ be + ca 2

a. b e[13]
Tom tat bai toan: < a+hb+c=6 S pP =7

[ HEN

ah e +otat +12abe+72
= - — b
b+ be+ca

R& rang thuong l'.hl cac bai BDT thi DH déu la 3 bién va ho thuong cho khéng dm dé cac em c6 thé sir dung Co-si.
bén canh do thi ho cho 1 biéu thire lién hé gitra 3 bién o ddy la a+bh+c=6
Diéu kién nay co 2 chirc nang quan trong sau :

+ MOt 12 dé danh gid, bién déi dé dua P thanh 1 ham duy nhit véi 1 bién duy nhat la P= f()

+ Hai la dé tim diéu kién cua bacu] t tir do mai xét ham duoe
4. Heong 1am 1 bai Bat Ding thire:
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!1. L]
biéu kién x,v.z

Thuéng la x.y.z Mai lign hé 3 bién Tac dona _
khong 4m Xo¥ i s 7 ™ BiéuthucP

Bién dbi dé dura cdc biéu thire ciia P
en vé 1 bién duy nhat I3 ¢
cua bien f (Cé-si, BDT phu....)

el

Min, Max f (1)

Dicu kién

Muc tigéu cua toan I:u;: quy trinh nay l4 don tir 3 bién vé 1 bién sir dung cic hlﬂ'l doi
tu*u’ng duong hay bit d:mg thire ¢, si h:.-u BDT phuy tir dé dwa P vé | hiam sb duy
nhiit, tiép dé thi ta tim diu kién cia bién va xét ham la xong.

Diy 14 xu huréng chung cic nim gin diy, va BGD thuing cho dau = 3 bién léch
nhau chir khong cho x= y =z diu nhw viy mai hay va kho.

5. Vai tro cua may va co so' cia phwong phip.
Nhiéu ban tu hoi anh noi tir ndy téi giés thi em méy ¢ day co tac dung gi?
May tinh & ddy ¢o tac dung la tim ra dau = =" khi P &5t Max hay Minthix .y, z hﬁnﬂ bao nhiri‘m‘?I Tir do ta du
doan cach dén hten dé bien doi P vé bién dc: va diéu quan trong thir 2 la dé ta chic chan mdi dau = khi ta ghép cac
bién vai nhau dé khong xay ra tinh trang danh g _a:la khong ding
Vi du nhé, thuong thay xyz thi ta ¢6 cac danh gia sau:

i

X+ y+z233 0z 0diythidiu “="sayratai x=y=z
Nhung van dé la & cho, khi ta bam may ra duoc két qua PMax thi x=3,y=2.z=1 co
Thi khi do ta lai sir dung danh gia khac (x-2)+(y-1D+z= 3-\‘[(.1'— 2Xy~-1)z

Do dé ma viéc biét ddu “=" ciia x,y,z tai ddu vo ciing lgi hai va quan trong.

*Co 50 cua phwrong ph:ip Lam cach nao ma ta co ¢o thé tim duoc dau =" 7?7 Biéu thirc kia 3 bién co ma”?

Ta sé dé dang dua P vé 2 hIE]“l nhar moi lien hé gitra 3 bién va that tinh c& va bat ngo ta duoe ham 2 bién luc nay ta
chi viéc coi | I:;lt:n la tham s6 va 1 bién la an chinh.

Va khao sat, do1 vai Ddn Long Casio ngoai tuyét chiéu Solve thi skill Table trong truong hop nay ap dung v cing
tot vao viéc khao sat gia tri ham trén 1 doan.

Chiing ta s€ ciing sang cdc vi du va phin tich cu thé.

l.oai 1: Don 3 bién thanh 1 bién (duy nhi

Diy thuong la dang kho, vi phai danh gia cang 1 Iic ca 3 bi¢n nhw ng no fai co 1 cach lam chung, diu hiéu
uh.m hmi thudane aum dd\ dit dicu Kign, mai lién hé 3 bién va cic bién khing dii i ng cho lim tie 1 a, b cd
thé d6i chd cho nhau nhung a va ¢ thi khing

M ma 13 1€ thanh hon cia boy ¢6 don Casio va gai xinh 2016 miss BDT :
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Bi kip giii Bat Dang Thire bing Casio fx 570 es,vn,vinacal plus Chuyén dé diic biét

Bai 1(THPT QG - 2015 ): Cho cac so thue a,b.e thude doan [1:3] va thoa mian diéu kién a+b+c=6.
Tim gid tri I6n nhat cua biéu thirc;
@b +be o a +12abe +72 1

P= — — b
ab + be + ca 2

Phiin tich:

Nhin vao bai nay. nhiéu em thay ngay a.b.c déi ximg tire 1a thay déi vai tro duc_:u: cho nhau va Gia Cat Du
a=h=c=2¢ [I 3] thm rat la hop ly, vacu hén nhién danh Z1d Vi dau “=" nhu vay, kaka
Va moi sur co Eang dé dé suong xong :-m::rng bé.
Ddu tién, tasé thé ¢ =6—a—b vio P dé &Lrﬂc biéu thirc ¢o 2 dn a,b
Y tuong: Ta sé cho a chay tir | téi 3 va b ¢6 dinh dé xem P tang 1én hay giam di, ¢o gid tri nao dep khong?
Sau do ta lai tang b lén va cho a chay xem ¢6 cai nao dep khéng :D
*Ban dau
Chona=X,b=1,¢c=5-Xtacé:
X +(I+X)5-X) +12X(5-X)+72  X(5-X)

X +(+X)X5-X) 2
Cdc em chii ¥ 14 nén viét gon biéu thire P lai #°¢® +c¢%a® = > (a° +b*) dé dd ton ki tu dé phong bi day ki tu
Sau do cac em bam Mode 7 dé vao tinh ning Table
Sau dé nhap ham
FEi X’ +(I+X:]{5-X}:+12X{5-X}+?2_X{5—X}

X+(1+X)5-X) 2

Poi véi may 570 es plus thi chi ¢é ham f(x) con riéng 570 vn plus thi c6 thém ham g(x)
Em nio diung 570 vn plus thi nhip
Voi a=X,b=2,c=4-X

4X°+(4+X)4-X) +122X(4-X)+72 2X(4-X)

2X+(2+X)4-X) 2

Vi may 570es plus khdng €6 g(x) thi ti nhdp lai VéiStart 1=  End 2.9= vaStep0,1 =
Frong bi Kip nay anh hwong dan theo may 370 vn plus bii nd ¢6 2 bing rit tién loi cho viée so sanh cic gia
TSRy {LH manh toc do Ién 2 liin
Giai thich: Table 1a 1 ham thong ké gia tri ctia ham so theo gid tri cua bién, voi Start la gid tri khoi dau cua bién,
End la gia tri két thuc, trong do Step 1a budce nhay 1a khodng cac gitta 2 gia tri lién tiép cua bién

Va ghi nhé 1 diéu Table chi co thé tinh tm da 30 gia tri. ‘

Ma tir 1 téi 3 18 31 gid tri do co thém s6 0 nén ta chi ¢dn tinh tir 1 t61 2.9 em nao ¢an thén thi tinh ndt 3 nira

P =

glx)=
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Bi kip gidi Bat Pang Thire bing Casio fx 570 es,vn,vinacal plus

Ching ta sé thu dugc két qua nhir sau:
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Chuyén dé dic biét
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*Vaoi a=X,b=1,¢=5-X
Ta sé soi cac gia tri dep truwde:
X=1-f(X)=15

X=2,X:3—z-f(}{}:%

X=25- f(X)=14525

Trong 3 cai nay thi ::aii X=1 la lén nhat nhung ¢ = 4 ma ¢ €[1;3] do do loai

Vi lon nhit trong may gia tri dep 14 tai X=2 va X=3

D:ing nhé ngay tir diu ta dé né chay tir2 > 3 thl div ph.:u thém lin nira vi
¢c=3— X =2 ( nhung do cai G(X) kia khung cin X =2 ma ta bAm cing 1
lwg't nén cir phéi dra vao cho di doan cin xét)

Nhin tong quat tir 2 — 3 thay X tang thi F(X) giam dan roi tang lén va ro rang
no 1om nhit tai 2 dau mat X=2 va X=3

Viy a=2.b=1.c=3 hodc a=3.b=1c=2 thi P =
*Vai a=X,b=2,c=4-X

Ta lai so1 cac girl xinh

Neay dong diulaila X =1—P=160/11
X=2->P=14 X=3->P=160/11

Ta lai nhdn thiy rang khi X tang tir 1 = 2 thi G(X) giam con 2 — 3 thi lai tang,
do dé gia tri 1on nhat van & 2 dau mat 1a X=1, X=3

Viy : a=1,b=2,¢=3 hodc a=3.b=2.¢c=1

( no1 thém tai chd a=b=c=2 la Min chir ko phai Max )

Néu cac em can thian hon thictrcho h>191.552-525-3

Nhumg nhu vay sé hoi 1au, nén chu v vao cac gia tr1 dep.

Khi nhin xét bang thi nhin ca theo chiéu doc 1a a=X ting thi sao? Va theo chiéu
ngang thi b tang thi sao?

160/11

O bai nay ta thiy ngay no cir quanh quan di cac hoan vi cua
=12 eE3

Vay la sau mot thot gian thong ké khoang 10 phat ching tadaco a=1b=2,0=3

Do dé ma chimg minh «

=h=clal salim.

Ta don 3 bién thanh | dua vao P thi co 3 cach sau

t=abc=6 hoic t= ab+tbc+ca=ll

hoic t=a’ +b +¢ =14

X i dhéu kien dé xem ta duge diéu kién cua bién nao tir do chon no lam bién cudi cung
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Bi kip giai Bat Pang Thirc bing Casio fx 570 es,vn,vinacal plus Chuyén dé dic bigt-~
J (a—Db-Dic=11=0
a.beelli3
[{’i—n}h— (3—c) =0
abe—(ab+be+ca)+{a+b+c)—-1210)

MNab+bo+ea)—abe—HNa+bh+co)+ 27210

ab+be+ea<abe+ 5
o = 2ab+bctea)z22 S ab+be+ecazll
Hab+boe+ca)zabe+27

Viy o ddy cac em dat t = ab+be+ca hodc t =abe déu duoc

Dit r =ab+be+ca

Ta madi chan dudt no, gier phai chan trén niva

Theo Co-sitaco: 36=(a+b+c)y =a " +b" +c" +2ab+be+ea) = Nab+be+ca) > 1 <12 vay re[11;12]
Ché nay tim thém théi chir ddu “=" chd nay 13 ¢ = b = ¢ nhung bai todn la t=11 chir khéng phii t=12 nén khéng
a0 Ca.

Téi ddy méi duge 0,25 thdi nhé, ché xir li didu Ki¢n L phm ¢ kinh nghi¢m
Ta da biét 1a diu hHHE say ra tai diu mitt=11 gidr ép vé ciai ham ludn nghich bién l1a xong

5 a 35 3%
ah +bh e +ota w1 2abe+T72 abe 2 2 1z
P = — bi¢n doi ve an t
ab+ be + ca 2
@b+ +ca” 1am ta nghi vé (ab+be+cay =ab’ +bh°c" +ca +2abcla+b+c)=a'h +b ¢+ a” +12abe
=
Bong dung cho dep

ah™+bc” +c7a +12abe +?'2 ot g

ab+bo+ca i
abe " (ab+bc+ca)=5 t-=5
2 2 2
Z . P . o
Vay: p=" ”2—“2;" Pt A 25=f{r} véi re[lE12] thi gitr dso hiim 1 xong.....
! 2 i
:1—144 1 160 .
fi= <Ovre|llL12] > P= fir) = f(l l}—l—ﬁ?—}ﬁm —T ki a=LbF=2,c=3 vacac hoan vi cua

bon chung,

Nhan xét: Ddy la | bai chudn muce str dung tuyét chiéu Casio dé tim dau “="ctua BDT va tir d6 dinh huong bai
lam, coéng cu nay hd tro ting 66% ndi cong cho cac s tir dé chién thang trong cude th:n gianh diém 10 va trong
d6 33% con lai la kién thire, kinh nghiém tich Ity dugc va di nhién 1% la su may man

Tiép theo ta sang;
Bai 2 ( A - 2014 ):Cho x_ v, z la cac 50 thue khong Am va thoa mén diéu kién :{1 +- }'E + EE =2

Tinh gia tri lon nhét cua iéu thire,

~

p = X N Y +Z 1 +yz
XP+yz+x+1l X+y+z+1 9

Phan tich:
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Bi kip giai Bat Ping Thire bang Casio fx 570 es,vn,vinacal plus Chuyén dé dic biét

Dang cia bai nay cling tuong tu bai trude, nam 2014 phan khéi va dé khéi A 1a kho nhat réi, bai nay thi van dang
nhur bai kia nhung cimg hon 1 chut.
rv.zz0 ::=JE-,1':-_TE

2 2 2 o

0 o e _r,_r_ziﬁ'.l,d--::l,ﬂ
( bai nay cac em luu y biéu thire P dai, anh da bam thir va khong du so ki tu, vi mdy t0i da la duoc khoang 80 ki tur
théi nhirng ki ti nhu binh phuong hay cén va phdan s6 kha la ton b nho.

- L X . A +E :":.'I_]. : = 1|r.'..|.-. 2_“1-:_1'.-2
Nén bar nay ta phai viét gon Y =]- thay vi dé J—j

X+y+z+1 X+y+zZ+1 PSRN i S

o Vi x=X,y=0,z=42-X°

flx)=— & +1-— L F! o tuong tur Mode 7 Table von Start 0 =, End 1,5 = | Step 0.1 =
X' +X+1 Noaeaf 3 X2 ]

& Mol xs X 3=05coJL75-X"

X* X +1 140,51.75- X2

glx)=— = + L= =
x-+n*5ﬁ(1*?5—x-+X+1 X+L5+1fl.?5—X' 9

O bai nay do doan nho dé nang cao tinh chinh xac thi anh sé cho y:0205—>1— \E
Xong dot | ta ghi két qua ra giay nhap va lam dot 2 :

N - X* X +1 1++1= X"
s Vo .r=X._r=l,::=~J']-—X“ > flxy= - il =T
X el X X 4] X +24++1- X2 9
e Viirx=X.y=Z.z=X: - X 1 X +1 1+ X2

X +X2+X+1 X+2+X+1 9
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Chuyén dé dic I:m;t Ero?

bt 1: Pyt 2: Nhian xét:
2 2 | G ? 6 L8 O Dot I:
| 0 FEE&F 0. UG | | D Fﬁﬁiﬂl’ 0. 41746 Cot F(X) ta thiy cac gia tri dep ;
- 0. | |0.U59 |0 UYLy e O.1|0.U2"6|0.UYEDOT X=1=P=5/9
3 0.210.459610. 43083 3 D.210.420610.4513 N o L p— 3 2o
0, 47467557685 d 5,9 Vano la lﬂnﬁhat ludn | X tang thi cac gia
y Ectr | 6o y Ectr | Gob tri lai gi:_-’?m rol l.aﬁi tang &n tai X=1 roi lai
y [I. 3| 0. 4683 H. ﬂHEE E [I.a O« 4211 H'HFI giam chimg to day la I;{:u'c dai
E [I. 5 0. Uk IE E E:E F"!!IEE H:uﬁ% Cﬁf}l G(Xﬁ} thi th-.jr]g T_IhE:-'l;.-' gli:i tri dep va
0. EEDB?E'}QE:—; 0. 4425992299 cing khéng co gia tri nao lop hon 5/9
6 | Feb | GiE % | Fan | o | | PotE B e
g H.FI 0.5111 E. ﬂ;gg g EI'EI 0. UsS8 . Haqg Cot F(X) ta thay cac gia tn dep
al o.glfAg |o: sga3 sl 0.8lfAEREE [oiugsa| | X =0—>P=4/9
0. 5434344;51?2‘ 0. 50333-5_."“ hBE X=1>P=5/9
at af = 1 1L e . P
H Eedy | iy . Eedy | iy X tang thi F(X) giam xong lal tAng tén 5/9
o Saldgslail | W ualeSeibilel | s oy doront
i 0. i n i EL g :
12l 1.1l0.551810.5413 -] B Hﬂ D:2Bag| | Cot G(X) ta khong thay gia tri nao dep va
S ,9 ERROR | cung khéng co gia tri nao lom hon 5/9
¢ | P | Gi ' o | Gp || YAy tomlai
e o M I -3 T B
I A R sl 1nalweRY |gs 2 ian rede=l.0=] Hame=lhy=lz=0
0. 4153532502 ERROR | Viy kha ning cao don bién
[=x+y+z=2
Bt t=x+y+z
O<i=(x+rv+2) <37+ +2) =6 1[0,46]
X" +Z 1 + yz
Bay giotaxuli P = — + Y - 8 f(t)
X“+yz+x+1l X+y+z+]
L.am sao dé dua duge vé an t, xur tung em | nhe:
X -
A= — thay x =1 yv=0,z=1 vao dugc A:£= l = 2
X" +yz+x+1 3 EEyriel rEyregel
+ Z "
B = Y néu danh gia dwoc cidi A voi thi A+B sé rat dep, ta thir xem:
X+y+z+1 x+y+z+]

2
X X
=

Cén chirng minh:

-

X"+yz+x+1l x+y+z+1

Sx(x+y+z+ D) <X +yz+x+1
< Xy+xz=yz+l1

22Xy +2xz < 2yz+ 2
< 2-2xy—2xz+2vz20

ST+ vy 477 =2xv=2xz+2vz 20 @@ ding qua, lai con rit tw nhién nira, Ding.....

{:}{x—}'—:f > )

Ta o ¥ nhén 2 dé dwa né vé binh phrong.
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Bi kip giai Bat Pang Thirc bang Casio fx 570 es,vn,vinacal plus Chuyén de diic biét e
= HJ > 7N X+vyv+2) Thay x=1y=0,z=1 duoe P L, Db FRE)
9 9 18 36
Pimng em nao dai d6t ¥* + 27 = 2vz @@ nhé cha ¥ cai dau “=" kia

Ta biét thira diu = xay ra khix= v+ tire 1 ta cin sir dung x* +(v+2) 22x(v+12)
Tir duy 1 chit sé thiy nhir sau:

(VI 220y + ) 242y 2 2y 4 240

— 2+dyr =2 2v+2xz4+ 2z

24+ dyz+(C+ Vv + )2 2y + 2xz+ 2viH (T F Y 4+ 1)

(x+y+z)
- 4 -
Phin trén I phﬁn tich ngwoce, Eiir :::-i:: em chi ¢in chirng minh ngm;ﬂ: lai la ﬂun;rc
(A v+ 2 =200+ 200 + 2y + (A ¥ 4 2)= 20+ D)+ 24+ 2z S H (v )+ 24 2y =4+ 4y

SA4+4vz2(x+ v+ 31+ vz

(x+ v+ <y
4

> 1+ vz =

=+

= ’ﬁ = f(1).1 €]0,6]

s W o )t
x+y+z+1 36 o+l
Dén diy co thé th phiao nhe nhdm am gon con 10 roi (@ia

1 1 = 4 +9)

Taco: P

= ———= - (=0 1=2

Ul T T

: e 8 31 6 5 5 [x=lLy=1z=0
(D=0 f(2y==, f(JB)=—— Lap BBT roisuy ra P< f(1) —> £, =—< :

; R g 8 3 5 P A S Tt x=1y=0z=I

Dé ciia khdi A thwong 12 cac cau kho, ta s€ cay ttep 1 cau khéi A

Bai 3 (PH-B2013) Cho a, b, ¢ la cac s6 thuc duong. Tim gia tri lén nhat cua biéu thirc:
4 9

£ . — .
Na* +b* +c7+4  (a+b)fla+2c)b+2c)
Phén tich: 1 ,
O nhirng bai chi cho diéu kién a,b,¢>0 ma khong cho moi lién hé gitta a.b.c thi thuong la a=b=¢
nhung vén dé 1a no bﬁng bao nhiéu?

Khidotacd P=——— J_ ——Qi— —-4—~——9- dé cai can kia nguyén thi a=2 1a dep nhit
&

3 2a\9a°  3a*+4 6
Ta sé check nhanh bing may xem a=b=c=2 di la lon nhat chua
Vi ching khac nhau thi sao, & ddy Start cac em cho 0.5 = vinhdp 0 14 16i , End dé han 10 =, Step 0.5 =
Vi truong hop a = b =c thi cac em cir dé thy v

a=b=c a=X#b=1#c=2:cirthay doituy v | Nhan xét
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Bi kip giai Bat Dang Thirc bing Casio fx 570 es,vn,vinacal plus Chuyén dé diic biét oron
Fpym + 3 2 () 4= 9 Ta thay tai a=b=c=2 k?t qua
T 3> +4 6a’ ‘ Jat+9 (a+Dfla+4)5 van la dep nhat va lon nhét hé
@ Math Nén du doan cua chung ta la
' FH Gy dr
I O.5|-Ua |BU | 0. 0502 @ Math Ung.
= | P*EE_]!_E 0.36US " Fin) G
3 .5l 0.50E |13 B.5|0.314Y3|0.3831 h . . .
0.5555218%96 I d | Pwsded 8- 3033 Bay gi&r chi can ghép hop li dé
@ Math |5 T.51h * 1 0. 3555 G . = :
y O, 277676761 don bién vé r=a+b+ec=06 13
@ Math
: ] i oy | e BRI
E | lec teas
1 I 1. =< ol Y
0. 2359955067
1 = Math
B o Fii A
: I
al Bl |-
10
]
2
P < [()
a +b +c"+4 (a+b)\fla+2c)b+2c)

< , thay a=b=c=2 dugc A=l 2 A= —————>=
m a+b+c+? m a+b+c+2
do a=b=c=2 rdi nén ta nh¢ lai danh gia ci chudi cua ching ta:
(a+b) ! (c+2) 3 1[u+b+r+2]
2 2 2 2

—

a~+bh+ci+d=a’+bi+e+2° 2
d o]
= <
Jal +b2+c2+4 a+b+c+2

9 ? - 3
— 2 - Thay thay a=b=c=2 duoc B==
l[f:+b}\{|[.:r +2e)b+2c) (a+b+c) b

— A

Fo)

Vi1 a=b=c hién nhién ta co a+2c=b+2c

(e + b}.j{ﬁ +2cb+2¢) = (a+ E}}%[{n +2c)+ (b + 2:')] = é (3a+3b¥a+b+4c) = [4(a+b+c)]” = %{::1 +h+c)

11
6 4
(x+y)

Chd nay rdt quan trong nhé: a+b+4c=a+b+2(a+b)=3a+b) roi ap dung xy <

Do do ma ¢ dong thar nhan thém 3 dé no bao toan cai dau "="" cua BDT

3
B=;EQ

{a+bh)fla+2c)b+2e) PEI‘H+-FJ+£']|:
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Bi kip giai Bat Dang Thirc bang Casio fx 570 es,vn,vinacal plus Chuyén dé dic bigt —
4 9 & 27
— P = - - - = - ,Zf{f}..’}ﬂ
Ja' +b +¢ +4 II::+I:-}J{& +2c)b+2¢) 1+2 20
2
Pty = —— +“?
(t+2)y
F)=027(1+2) -8 =01=6
t () 6 400
f(t) + 0 -
! 5
f(t) -
/ e \

P=fit)< —; maxP= g xayrakhia=b=c=2,

3
8
l.oai 2 : Don tir 3 bién thanh 2 bién ., r6i 2 bién thanh 1 bién ;: BDT 2 bién

Diy la dang don gian hon, dang nay thuwing co diau hiéu 14 ¢o dicu Kién coa bitn nhune Iihu}'él moi lién hé
giita 3 bién hoiic mdi lién hé mo nhat, biéu thire cin tinh thi ¢é 2 bién déi xirng v thwidmg chi cfin chia di 1
bi¢n khing dii xirng ta sé ¢hicon 2 bién vi dén vé 1 hién nira Ia xong,

I nhin xét thém nira Ia nhirng dang nay thwdng 1a & dang phin s6 va c6 tir va miu ddng bic

Bai 1(PH - A2013) Cho cic 6 thue duong a, b, ¢ thoa mén diéu kién (a+c)(b+c)=4c’. Tim gia tri nhé nhat

i

323’ s 32h° a”+h’
(b+3c) (a+3c) C

cta biéu thirc P=

Phin tich:

Piéu kién: a.b,c =0

Mdi lign hé: (a+c)(b+c)=4c” vai mbi lién hé nav ta kho long rut ra duoc ngay ¢="7? f(a.b)
No cting go1 v nho cho ta la chia di vi 2 vé dong bic

32a° 32h° Ja® +b?

= -~ 4 - — g0l ¥ cho ta nhu sau:
(h+3c) (a+3c) C

37, 3 _ . 3 3 III-E - 2
L} — tir v mau dong bac nén thwdong chia di, twong ty 2 .ol b
(b+3c) - (a+3c) ¢

Vi chii ¥ 13 a,b co thé thay dbi cho nhau nhung lai khéng thé thay cho ¢ | nén thuong ta chia cho c.¢’. ¢ty vio
bdc cua a.b

Vay viée ddu tién 1a chia di va d6i 3 bién thanh 2 bién;
(£+ ]}{j—}+ 1)=4
e

(a+c)b+c)= d¢? ¢

3 i
: ' i b

; 32a’ 325 a+b> 33(”] 32[5) \/ E > Dat: ~""=£‘.‘-1”':'_,§-1'-.‘*'3’U

= + — c 5 i B [EJ +[EJ ( ¢

- (b+3cY (a+3¢) i
EEREE
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Bi kip giai Bat Pang Thirc bang Casio fx 570 es,vn,vinacal plus Chuyén dé dac bigt
(x+Iy+D)=4 x4+ v+xy=3
—¥ - 322 3247 —— tdn day ta thay bai toan don gian hon nhiéu, bay gio tiép tuc don vé | bién
= = XAy

= T e
(y+3) (x+3)
duy nhat nhung trudce hét ta phai khao sat ngay xem no dat cuc dai tai dau:
Fex

X+y+axy=3-y= v, v e (0]
I+ x

Ta sé cho x chay tir 0 téi 1 nhé bim 1 bing F(x) thdi, bé bing G(X) biing cich bim “="

,,2[3—,:7}‘
3 1
335" " X v (3=-xY - _
Fix)= : + ik : o +[—tJ vol Start 0 = End 1=, Step 0.1 =
3—,1'+3J_1 (x+3) 1+ x

Khi nhap dimg la max nho vi thiéu dang 1 ki tr binh phuong nira thoi. ta thir rat gon tdi da xem, khong ta sé phai
dung 1 cach khac

Ving, thue sur la tres khoéng phi hé ta con thiéu dung | ki tu binh phuong nita 1a xong, Ping 14 tréi da sinh Table
sao lai con sinh ra gidgi han bd nhd RAM

Rit may cho cic thanh nién diing Fx 570 vn plus ta con bing G(X) bo vo

Ta nhap
g 32[3""]' —
F{x)= 2o + H"':: (X )=— x3+[f_—xJ voi Start 0= End 1 =, Step 0.1 =
,:.3:"’_4_3]3 (x+3) [+ x

P=F(X)+G(X)
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Bi kip giai Bat Ding Thirc bang Casio fx 570 es,vn,vinacal plus Chuyén dé diic I:uciw,,:milsmz?..‘g:,m,q‘
y Ecty | i Chiing ta shi cac két qua sau ra gidly va tién hanh cong tay %o} or’
I 1] 3¢ -3 Loai cal dong '-H] di nhé vi diéu kién ban dau.
5 E'é IIHEE :E: E;ﬁ pbé y thi thay moi X=1 thi F{X) dep, ngo qua thang (X)) thav quen quen * "
12. 4@':'_-"'54;5“15 hinh nhur1a 42 co ma minh ciing cha quan tam, chu yéu la quan tim xem dau
X . A
ol o3|t st |-acias| [ o dan
n ™ ~“Em ) &
: o EﬁEEE - X 0.1 0.2 0.3 0.4 0.5 (.6 0,7 0.8 0.9 1.0
B 0.5 -1.14 P= |175 | 101 |58 3.3 1.7 0.8 (.1 02 |1-03 |04
L 4'5‘-1_.“:!23';";'5
Math . . ,
1 F |::-::| T I:::::I Thure ra thi | lae ta thiay no giam la co thé doan ngay duoc hodc 1a tir X=0._1 dén
E E'Fl c. 3306 :I.Eilg 0,7 la no duong doan sau lai dm la ta ciing ¢o theé doan nhanh chi tinh doan sau
q 0.8 II*EIEI;I-E -1.UB théi ciing duoe, & ddy anh thong ké cho dé hiéu
1. EEEEdEd-h‘thE Ta thiy ngay x=1—>P_ = -2

0.9l 1.0655|-1.u3s Vay rorang x= y=1 tasé donbién vé ¢ = x+ v =2 va danh gia thoai mai
mién x=y

n—e
1
.
=
f

Bat t=x+v=2
Xur li didu kién ;
{x+ jr}l

I=x+v+aysat+ v+ St +4t-12206+¢22 Mitkhac t=3-xy<3—>1[2:3)

i&ﬁr&pv&caih&ﬁ1dﬁngtﬁénI&xﬂng

32‘ 32 = -
P, A Y vz frel23)

(v+3) {1+3]

i 32y . ; : 3
A= — + 27 f{x+y) thay yr=v=1vaotaduge: A=l=x+y-l=(x+y-1) =(x+y-1)
{(v+3) (x+3) |

32x° 32y X |
(¥+3) (x+3) y+3 x+3

V@i x =y thi ta thiy nén ta can ap dung BDT gi do dé cho 2 thang do bang

nhau mue dich la T Y dugc vé dang (x+y)
v+3 x+3

Tathay A co dang : A=32(u" +17)

{u+v)=

g 32x° 32y ) 3:8 X +3x+ 3y +3y _g (x+y) =2xv+3(x+ v)
(v+3)’ {1+1} y+3 x+3 +3x+v)+9 Xy+3(x+ y)+9

Cac em the xy =3—(x+ y) vao. trdu bo phét do @@
] -1 ) i 3 3
X+ ¥ =2+ 3(x+y 1-203- 451 i
] X+ ¥) w3+ v) _g t (3—1)+ 3t _g f~4+5-6 o
xv+3Hx+ yv)+9 3—r4+3r4+9 2(t+6)

Em kho nhat xong roi, con em nay nira

Ma ' +v = (u+v) =3w(u+v) = (u+1v) =3.

(0 +1)° (0 + 1)

¥ 3 ] 5 . i 5 O FEe, : - . SOl 3 : . = 5 -
X“+y =M fix+ _V}E cha co ca1 danh gi1a Ci-s1 nao lam dugce cal tong ma lar lon hon tong binh phuong nay,

keke


https://web.facebook.com/groups/Nhomhoctap.StudyGroup

HOG

eb“"tz\_ A

S 2
12.10.2015

mmmmm TR ——————

Bi kip giai Bat Ding Thire bang Casio fx 570 es,vn,vinacal plus Chuyén dé diic biét

Taco: X+ = (x+y) —2xy =0 =20B-1N=r+A-6 >+ =Jr +2-6

3 3 4 : - : . :
e e B T Pk

— s -+ - — =
(v+3) (x+3)
Bai nay trau thét, dén cai ham ciing cho xdu kinh khung

- 3 R b AT S
=3(r-1) - : z f(2)=3-—>0 ham dong bién nén nho nhat ta1 =2

1 t+1
FU =31 - —
(t+1)° =7 . 7 V2

e b

@@ hoi bi nan réi ¥, co khi lay 975 théi :D
Viy: P2 f(1)= f(2)=1-+2 Do do E.. =1-yf2 3 x= v=1l—=2a=b=c

Bai 2(B-2014): C}‘Eu cac :if‘fnqthl_,ri: a, b, ¢ khong am va thoa méan diéu kién (at+b)e =0,
Tim gia tri nho nhat caa biéu thic,
p- ’ i i ’ b bt c
b+ a+c E(ﬁ-l-b}
Phin tich:

Cdu nay tuong tu nhe cac em, cing chia di rd1r dat va tham chi dé hon cadu trén nhiéu, van ghép 2 thing dau
vyl nhau dé don bién

[ a, b =)

—>c>0,a+b>0 digoiy chia ¢ 16
1((: +h)e =0

Do a,b doi ximg va ¢ lac lodl nén chia di ¢, thue ra thi diéu kién

| f_}

|| a ’ b c R . I
P; 4 =4 == C e C 4H
h+¢ fq+ ¢ 2(:;+b] f_?+1 E+1 ,}{E‘J u]

g £

Pat: x=2,y= D y=0 = p= |2 +\/ y 1 by gi¢r 1am sao dé don vé 1 bién cudi cing
C C v+1 x4+l 2{x+y)

.1- F i = n
+. = =77 f(x+¥) la xong
y+1 x+1

Ta chi ¢can xur li A=J

Biy gior ta cdn xem xét diu “=" xay ra tai diu di
Do khoang cua Y kha la rong chu khong thuge 1 doan hep nén van dé chon Y cung kha nhie nhoi
Taséthutr v:0—=1—-2—3 xem A bién thién nhu thé nao?

X 0 _ 1
Dot | ftr}:\/ ‘ +\f ;;'fl:x::=\/—r+ — voiStart0=End 10= step | =
O+1 Ya+l

|+ 1 xr+1

_ "3 2 ’ X ' 3 -
Pot2: flx)= o - glxy= i val Start 0 =End 10 = step | =
2+1 x+1 3+1 x+1
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Bi kip giai Bat Dang Thirc bang Casio fx 570 es,vn,vinacal plus Chuyén dé diic biét

bot 1 bt 2 *“Dot 1:
. Matk e Hath Ta thiy ngay X tang thi gia tri A ting, Y
Fh) G CHd 0 Fih) G CH) i S ;
| 0 | l of1.utug| 1.732| | ting thi gia tri P gidm ké tir khi X=1
2 Ltz |8 SRl | Cacem chi nay ¥ tang i ubin i i)
i 1 . 6532993162 sang G(X) con X ting thi nhin thing hang
& Math & Math x -
3 Fouy | Gid i Foxy | Gix doc tirng cot. L
4 3 |liig |« 1241 ¥ 3(1.7071] 1.132 Chung ta bo 0 x=y=0 nh¢ vi di¢u kién,
E g 3. 33E I:EE!!E E E Hﬁj& I:Egg? Nhin l.u:-'xn 1hf} hf*mg ta E,hi thiy duy nhit
= 1.5865344715 | A=l la nho nhat khi do
& Math Mtk — = 7 = —
% FOdy | GiM it Foy | Gid) =l =0 ke =0,
y 6la.uugy| &, 1 6|1.9487|1.6783( | Tuc la X+Y=1 ; ,
E E E‘EHEE E' gggg E E EHEEE i' EE?E O vi du nay tinh may man khd ca. la néu ho
; ; cho diém roi x. v Khdng newvén hay dep thi
2 82‘5842 125 Lu 1%43'5‘?!553 g P
Math Math = 2 2 L e - R o 4
o ol FB g | e G | chnelocicen o ey i
X E1(5 e ERELE 1l 8 | B |5 Do | o
o 16227766 L. 292143291

Bay gior thi ta chi biét gilr vimng niém tin don vé = x+y =1 va diau “="khi x = y+1 hodc y=x+1
Do tinh chét doi ximg nén cip x=1.v=0 mdi sinh ra thém hoan vi x=0.y=1 nhu & cac vi du trucc.
Ta xem xét tirmg bigu thic: néu x= v+1

X X X 2x : , _
x+(y+D 22 x(r+ ) < < = > dau = khi x=y+1 hodc x =0 ( cdi nay do
ety +1 Eﬁf.r{}wl} y+1 x+y+l ’ ( ;

minh lay x chia cho 2 vé& nén no tao ra thém)

: s
Tuong tu > 2V dau="khi y=x+| hoic y=0
X+l x4+ v+l

Vay: A= [—— +\/ ¥ o 2
y+1 x+l a+y+l
—-p= |2 +\j r i | = A l = f(t)t>0
v+1 x+1 2{x+v) t+1 2:‘

’ 2 1
Tl =
7R (t+1y 2:

- f (=004 =@+’ & 2t=r+l =1 (do 1 >0 moi dua ko can gia tri tuyét doi nhe)

e ) , 3 r=yv+lLyv=0=2b=0u=c
Giocacem lap BBT suyra Pz f(n)z f(I)=——
e y=x+lx=0—2>a=0b=c

S ——
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Cie BD'L 2 hign trong xi:i' thi
Bai 1 (D-2014): Cho hai ‘-.r:.r thuc x, y thoa man cac diéukién 1 £x<2: 1 <y <2,
Tim gid tri nho nhdt cia biéu thirc ;

F:,;"HEF g *}r+21 g ]
X“+3y+5 ¥y +3x+5 Hx+y-1)

Phdn tich: .
Tacd: x, ve[l:2] vatrong P chung da1 xumg vin nhau
Bai nay cai diéu kién giong dé 2016 nén ta ciing xtr 1i no trong tu nhu vy :

l<x<2  [(x=D(x=2)<0 _ [x?<3x-2

= == %
(y-Iy-2)<0 |y’ <3y-2

su dung ludn con khong thi toach 13 keke, phai nghi sang hudng khac
Lai bam may than trudmg, i mét... ..,
Ta chi cédn xét y=1,y=2 thth

: , Pav go1 la danh gia o Bién, néu dau “=" xay ra ta1 Bién thi ta
<y<2

Tai diav méi bit bi: Thudng ngwdi ta cho diiu *=" cua BDT x:iv ra tai hién nhw viiy cic bién léch nhau moi
khé nén anh thwong cho v kep 2 diao maat kKha bam 1 e 14 do thé, khi ndo Khing thay 2id i1 dep hay cin
than thi moi chia oho thém v ra ma bim

: x+2 1+2x 1 r+4 2+42x 1
J{x)=—7+ F g(x)=— + i
+8 6+3xr 4dx A7+l 3x+9  4(x+1)
vyl Start | =End 2=va Step 0.1 =
" I'Eﬁ%' G Nhin véo ¢t F(X) trude ta thay no giam dén ¢é cic gia tri dep la
| | [IPM=R1A7 | O« 875 X=1-P=11/12 X=2->P=7/8
2 1:alB:07a (0 Bangl | Nhin cot G(X) ta thiy nd tang giam Iin 16n @@
11.1% | Nhungco giatr dep la
" Ect | Gim X=1->P=7/8 X=2P=53/60
uf "1.3|D.B985|0. 6629 i tri 78 e iRt cRA S e S B R Ve Ha e —
~ T D.28c3| | Gid tri 7/8 e duoc 1ap lai do tinh chat doi ximg cua bién va no cling nho nhat
Bl |.5|M™:F |0, gasul | hor
0. SS905zZ24625 du 7 x=2, v=1
& Math s -
" Fedy | 6o Vayglasitde B =8 o d g
| R | vay i g o i
8l iselPWIn |G agay| | O @ canapdung w0
0, S80475952Z6
o Math
|0 HI 9 B ﬂﬁéﬁ:l:lﬁ
[ 2 (WA | 0: a3
Fal
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by XE2Y . yhax ] _ Xty 1 _ ot | oy ond’

o
Hx+v)+3 '-I{:h'.+y}+? dx+y-1) x+y+1l dx+y-=1) t+1 4(t-1)
Datt=x+y.DK: 2<t<4
t 1
F{t)= + e [2:4
t t+1 4{1—-1} [2:4]
|
(t+1)°  4(t=1)"

f'(t) = 0=2r-)=t+le=1=3

[(t)=

x=1
i L I, : ; ] 5
= i p A
Ta co f{E]:E Khit=3= qy=lvy=2 o ¥ - Vay Em”:E L hay
8 S 8 y=2 y=1
X+y=3 4
; y=1

-~

Bai 2 (D-2013): Cho x, v la céc sé thue duong th_c:':a man didu kién xv < y—1. Tim gia tri 16m nhat caa biéu thie

r+y r—2y
= : — >

\{,1;3 —ay+3y° 6(x+)) |
Phdn tich: _
Diy 13 1 dang toin BDT co bin, chia di roi dat dn phu va xét haim don thuin nén khéng can thiét phaii sir
dung maiy tinh.

-

Trgiathiéttacd vv=yv-lo—=——=—|—— | +—-=2—
¥ ¥ ¥ 4 4

J-‘ 2

T 3 1
Dat E=l*dll§ukién U-::ri;
W

_ =2
e —r+3 o+l

5
Xét f(t)= . . V0SS
«;‘r —t+3 'ﬁ{f+|} 4
=34 1
f{”-—:L —h
2J(1° —1+3) 2(1+1)
‘Q’IE[{];— ; Xt = I:EJE_ : . .::l
ey 2 2 2

T+IU\E

I ~ ¥ I I
= f{)=0 Vel Oi— dong bién trén | 0;— = Fl ==
fFit)= J’E[ 4} = f dong bién n:n[ 4} = Fi() fLJ 0

Vay P, = i y= 1
) 0 2
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