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PHUONG PHAP TQA DO
TRONG MAT PHANG

§1. PHUONG TRINH TONG QUAT CUA PUONG THANG
A. TOM TAT GIAO KHOA

I. PHUONG TRINH TONG QUAT CUA PUONG THANG
1. Vectd phap tuyén ciia dudng thing
* Binh nghia: Vecto n #0 1a vecto phdp tuyén cta duvng thing A
<> gid cia n L A
* Nhan xéi: 11 la vecto phdp tuyén cda A; k # 0 = knla vecto phdp
tuyén cta A.
2. Phuong trinh t6ng qudl ctia duong thing
Trong mit phéng toa d9, phuong trinh téng quat cha dudng thing A c6 dang:

ax+by+c=0| véiaZ+b*20

Laic d6, duding thdng A ¢é vecto phdp tuyén la: n = (a; b).

3. Céc dang diic biét ciia phuong trinh tdng qudat
a) Dang 1: Puong thing A di qua I(xy; yy), ¢6 vecto phdp tuyén i =(a; b)
Phuong trinh cua A la:
Aralx - %) + bly —y)) =0
b) Dang 2: Cho dudng thing A:ax + by + ¢ =0 (a® + b® = 0)
* g = 0: Pudng thing A:by + ¢ = 0

vudng géc véi truc Oy tai diém [{];——%]

*b = 0: Dutng thdng A: ax + ¢ = 0
vudng gée vdi true Ox tai diém [~.~-:-;[}j

* ¢ = 0: Dudng thing A: ax + by = 0 di qua géc toa do.

N N 1w IN
(A)
_<
b ()
0 % o| ¢ % 6 X
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¢) Dang 3: Phuong trinh duong thdng theo dogn chédn.:

Puong thang A cdt Ox, Oy YA

14n lugt tai Aa; 0), B(0; b) ‘g

vdia.b = 0. w

Phuong trinh coa A la: -
<y 0 AN X
4= ]
a b

d) Dang 4: Phuong trinh ciia dugng thdng theo hé sé gde:
* Cho dudng thing A: ax + by + ¢ =0 (1). Néu b = 0 thi

(e | y=kx+m {v&ik:—%;n'n:—%]
Ta goi k = —% 12 hé s6 gée cda dudng t\yi\
thing A (khéng cing phuong vdéi Oy). \
* Y nghia hinh hoc ctia hé sé gdc: N
Xét dudng thing Ay =kx + m 0 M. x
o Néu k = 0 thi [k = tgo|

Véi o 12 géc hop bdi tia Mx va tia Mt (tia cia A ném phia trén Ox).
e N&u k = 0 thi A: y = m 12 dudng thdng cing phuong vdi truc Ox.

IL. VI TR TUONG POI CUA HAI PUONG THANG
Cho hai dutng thdng: Ay ax+byy+c;=0; ApagXx+by+cy=0

» a, b
bat D =" ! zalbg+agb1.
: a, b,
i
b, ¢
D =|,} “tl=hiey — boc
c, a
D =" "l|=¢jas - ca
v e, a, 18g — Cady

. e D, . D,
1) Ay cdt As = D # 0. Liic d6 A cat A; tai diém M[F";-ﬁ-]
DA Ay <>D=0va(D,#0hayD,=0)
NA=A =©D=D,=D,=0
4y AL LAy <>aa; + bbby =0
* Ddc biét: Néu ag.ba.cy = 0 thi:

a, b
1) A cdt Ay & —#—-

a, b
a b ¢
MM Ay & —L=—"Lz
a, b, ¢,
a, b, ¢
Ay = A —_—me— = —
3}!1 ) e a. bz c,
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* Chai §: Cho hai dudng thdng: Ay = kyx +m; ;  Ag y = koX + mg

k, =k,
l}ﬂlcét.ﬁgf‘;}klikz 2}.&11‘?{32{:} nll[¢|'|_12
fklzkl
3}&1 = Ap < { 4) ﬁllﬂgﬁkpkz:—l
m; =1, .

B. CAC DANG TOAN

% VAN PE 1 VIET PHUONG TRINH TONG QUAT CUA PUONG THANG
1. Phuong phap :

Viét phuong trinh téng quédt cia dudng thing A.

a) Dang 1: A qua I(xy; yy), 6 vecto phdp tuyén n= (a; b)
* Diing cong thic A: a(x - %) + b(y =yp) =0
* Bién d8i vé dang ax + by + ¢ = 0.

b) Dang 2: A qua I (xp; y,), cing phuong véi vecto u = (a; b)
#* Vecto phdp tuyén ciia A la: 1l = (b; —a) hay 1= (-b; a)
* Dua vé dang 1.

¢) Dang 3: Aqua I(xy, yo), ciing phuong dwong thang D: ax + by +c =0
* Vectd phdp tuyén cia A la: n, =np=(a; b)
* Pua vé dang 1.

d) Dang 4: A qua I(x,, vo), vudng géc duong thdng D: ax + by + ¢ =0
* Vecto phdp tuyén cia A la: n, = (b; —a) hay n, = (-b; a)
* Pua vé dang 1.

e) Dang 5: A qua I(xo; yo), c6 hé s6 gée k:

*bitk = ?I:I— thi vecto phéap tuyén clia A la i, = (n; -m) hay n, = (-n; m)

* Pura vé dang 1.
) Dang 6: Aqua hai diém Afa; 0), B(0; b) véi ab =0:
* Diung céng thic: A §~+ % =1
* Bién ddi vé dang phuong trinh téng qudt
g) Dang 7: Aqua hai diém phdn biét A(xa, xp), Bxg, yp)
* Tinh toa d6 cda AB
* Pua vé dang 2.

2. Vidu:

Vi du 1: Viét phuong trinh téng quat cia dusng thing A:

a) Qua I(3; —4), c6 vectd phdp tuyén i = (2; -1)

b) Qua I(-3; 2), cing phuong vdi vecto U= (1; 2)

¢) Qua I(1; 3) va cing phuong vdi dudng thing D: 2x +y + 1 =0
d) Qua [(2; 1) va vuéng géc dubng thing D: 2x -y -9 =0
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e) Qua I(-3; 5) va ¢6 hé sd géck = -3
f) Qua hai diém A(-2; 0) va B(0; 3)
g) Qua hai diém A(6; 1) va B(-2; 3).

¢ VAN PE 2: VI TRi TUGNG POI CUA HAI BUGNG THANG
1. Phuong phap '

Xét vi tri tuong déi clia hai dudng thing A; va A,
* Dang 1: Ding phuong trinh téng qudt:
Arax+byv+e =0
Agt 8sX + boy +ca =0
Xem muc II phan tém tit gido khoa,
* Dang 2: Diung hé s6 géc
Ay =kix +m
Ast v = ko + mgy
Xem trudng hop dic biét ¢ muye II phan tém tdt gido khoa.

2. Vi du
Vi du 2: Xét vi tri tuong d6i cla cédc cip dudng thing sau va tim
giao di€m ctia ching (néu co).

a) A 2x+3y+1=0vaAy4x+5y-6 =0

b) Aiidx -y +2 =0vadAy -8x+2y+1 =0
¢) A 4x+5y-6=0va Ay Bx+ 10y -12=0

Vi du 3: Xét vi tri tuong d&i cda cde cap duding thing sau va tim giao
diém clia chiing (né&u cé).

a) A v=-3x+2vaAgy=4x-3

b) A;: v=2x -5 vaAgy=2x+3

c) A y=4x -3 va&g:}r=w%x+1

C. BAI TAP LUYEN TAP

1.1. Cho tam gide ABC vdi A(2; 3), B(-2; 5}, Ci4; 3). 4
a) Viét phuong trinh téng qudt cia cdc dudng thdng di qua cédc canh cia
tam gidc ABC. ]
b) Viét phuong trinh cdc dutng thdng di qua cdc duong cao cua AABC,
¢) Tim toa d6 truc tdm cta AABC.
d) Viét phuong trinh dudng thing di qua trung tuyén AM ctia AABC.

1.2. Cho tam gide ABC véi A(3; -5), B(1; -3), C(2; -2)
a) Tim toa d¢ hinh chiéu A’ cia A trén BC
b) V& hinh binh hanh ABCD. Viét phuong trinh cdc dutng thing di qua
cdc canh cia noé.
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1.8. Vi€t phuong trinh dutng thing di qua cdc canh va cdc dudng trung tryc
cta AABC biét trung diém cia cde canh BC, CA, AB 14n lugt la:
M(-1; -1), N(1; 9), P(9; 1).

1.4. Cho tam gide ABC e6 A(-4; ~5) va hai dudng cao:
BB:5x+3y-4 =0
CC:3x+8y+13=0
Viét phuong trinh cdc dudng thing di qua cdc canh cia AABC va dudng
cao thu ba.

1.5. Cho diém M(1; 2). Viét phuong trinh duting thdng A qua M va chdn trén
hai truc toa dd hai doan thing cé 4o dai bing nhau.
1.6. Vit phuong trinh dudng thing A:
a) Qua M(-2; —4) va cdt Ox, Oy lan lugt tai A va B sao cho AOAB la tam
gidc vudng can,
b) Qua N(5; —3) va cdt Ox, Oy 14n lugt tai A va B sao cho N 1a trung diém
cua AB. :
1.7. Viét phuong trinh tong quat cia:
a) Pudng thing Ox.
b) Putng thing Oy.
¢) Dudng théng di qua M(xg; yo) va song song véi Ox (yo # 0).
d) Puong thdng di qua M(x,; yo) va vudng géc véi Ox.
¢) Pugng thdng OM véi M(xg; yo) khdc gdc toa do O.

1.8. Vidt phuong trinh dudng thdng di qua diém M(2; 5) va cach déu hai
didm P(-1: 2) va Q(5; 4).

1.9. Cho hai dudng thidng: A;: (m +3)x -2y +6=0
As mx+y+2-m =0
Pinh m dé:
a) A; cit Ag b) Ay Ag e) Ay = A d) Ay LAy

1.10. Binh m dé ba dutng thing sau déng qui:
Ardx + 3y +m=0; Ay 3x + vy =0 Az O + 2y +6=0

§2. PHUONG TRINH THAM SO CUA PUONG THANG

A. TOM TAT GIAO KHOA

I VECTO CHI PHUONG CUA PUGNG THANG

¥ Pinh nghia: Vectd =0 1a vecto chi phuong clha dudng thing A
< gid clia U cing phuong A.

*  Nhan xéf: U la vecto chi phudng cia A k # 0 = kila vectg chi
phuong cia A
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*  Chi §:
a) Puong thing A: ax + by + ¢ =0¢6
e Vecto phdp tuyén la: ni=(a; b)

¢ Vecto chi phugng la: ii = (b; —a) hay i={-b; a

e Hé s goclak= —%{h £ 0)
b) Néu ii= (a; b)1a vecto chi phuong cia A, thi vecto phdp tuyén la:
fi = (b: —a) hay fi = (-b; a); hé s6 géc cha Ala k = E(a 4 0).

L. PHUONG TRINH THAM SO CUA PUONG THANG

Trong mit phing toa Ao Oxy. Phuong trinh tham s6 cia dutmg thing A di

qua diém I(xo; yo) va 6 vectc chi phuong u = (a; b) la:

X=X +at (a® + b% = 0)
y =Y, +bt

Il PHUONG TRINH CHINH TAC CUA DUONG THANG
Cho dutmg thing A 6 phuong trinh tham s&

{X=K.:.+m PUR Rt LN Sk LN )
y =Y, +bt 4 b

L
D6 1a phuong trinh chinh téc cia dudng thdng A.

B. CAC DANG TOAN

& VAN PE 1: BIEN POI PHUONG TRINH BUGNG THANG
1. Phuong phap

a) Tt phuong trinh tham sé suy ra phuong trinh téng quat

. X=X, +at
Cho dudng thing A: (1)
Y=Y+ bt

X—X,=at
1) = ’ & blx — xp) = aly — yp)
y =¥ =bt

* Su}f ra phuong trinh téng qudt cia A.

Cho dugng thidng A: ax + by + ¢ = 0
o (Cdch I:

* Tinh y theo x (hodc x theo y¥): y = —% —% (b =0)

* Dat x = ¢(t) (ham bdc nhat theo t)
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X =0(t)
Suy ra phuong trinh tham s& caa A la: a c
y= “'E(P(U b
e Cdch 2:
* Tim didm My(x; yo) € A
* Tim vecto chi phuong cia A
*  Suy ra phuong trinh tham sé cta A.

2. Vidu:
Vi dy 1: Viét phuong trinh téng qudt cia duong thing A:
x=2+5 _ =-3
a) b)
ly=-3-4t v =2 -5t
p :
x=-1+2t X =3t
c) . d)
y=4 ==t

Vi du 2: Vidt phuong trinh tham s8 cia dudng thing A:
a) 3x+6y+5=0 b) 3x -4y +13 =0

) 4x-3=0 d) 2y -3=0
% VAN PE 2:  VIET PHUONG TRINH THAM S0,

PHUONG TRINH CHINH TAC CUA BUGNG THANG
1. Phuong phap

a) Cach 1
* Tim diém M“{Xﬂ; ¥o) € A
* Tim vecto chi phuong 1 = (a; b) cia A

. X =X, +at
* Phuong trinh tham s6 cia A la:
y =Yy, +bt
X—X ) -
* Phuong trinh chinh tdc cla A la: . 0 _ 2 by&

b) Cach 2
* Tim phuong trinh téng qudt caa A
* Quy ra phuong trinh tham s6, phuong trinh chinh tac cda A.

2. Vi du
Vi du 3: Vit phuong trinh tham s6, phuong trinh chinh tdc (néu ¢é) va
phuong trinh tong qudt cia dudng thang A trong méi trudng hgp sau:
a) Bi qua diém A(2; -3) va song song truc hoanh.
b) Bi qua diém B(-2; 1) va song song tryc tung.
¢) Bi qua diém C(2; 3) va vubng géc véi duding thdng d: 4x -2y + 3 =0
d) Pi qua hai diém M(—4; 3) va N(1; -2).

e) Pi qua difm E(2; -5) va ¢6 hé s6 géck = —

E .
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C. BAI TAP LUYEN TAP

2.1. Viét phuong trinh tham sd cda cdc dudng thdng sau:

a) 3x-2y+8=0 b)) -2x+y+3=0 c) 2x-1=0

9.2. Viét phuong trinh téng quét ciia cdc dudng thing saw:
¥ = -5+ 3t X =2 X==2-3t
a) b) c)
y=2-4t y=6-2t y=43
2.3. Viét phuong trinh tham s3, phuong trinh chinh téc (néu cd), phuong
trinh téng qudt cia dudng thing A trong mdi trudng hop sau:
a) Di qua A(-1; 2) va song song dudng thing d:4x-3=0
b) Di qua B(4; -3) va vudng géc v6i dudng thing d: -2x + 3y -4 =0

¢) Pi qua C(-2; 3) va c¢6 hé s6 géck = -4
d) Di qua hai diém M(3; 6) va N(5; -3).

3
2.4. Cho diém A(-5; 2) va duting thing A: X—I?- = —F+—2 :
Viét phuong trinh duong thing d:
a) Pi qua A va song song véi A b) Di qua A va vudng géc vdi A

2.5. Xét vi tri tuong déi cia cdce cidp dudng thidng sau ddy va tim toa dd giao

diém (néu ¢é) cha ching:

x =54+t x=4+72t

a) Ay ) Ag:
y=-3+2t y =T +3t
x=1+2t x+3 y-1
by Ag: P ———
1A {yzz—t Az a )
X =—6+5t

e) A dx+by-6=0 Azl
y=06-—4t

X =-2-2t

2.8. Tim hinh chiu vuéng géc cha diém M(3; 1) trén dubng thang A: { 149
y=1+2t

[x Xx=-2-t
2.7. Cho hai dutng thing A: i va d:
y=1+t y=t

Vist phuong trinh duding thing d’ dai xing vdéi d qua A.

2.8. Tim diédm M trén duong thing A; x -~y + 2 = 0, vA cdch déu hai diém
A(0; 4), B(4; -9).

2 9. Cho hinh binh hanh ¢6 mét dinh la A(4; ~1), biét phuong trinh dutng
thing qua hai canh 1a x - 3y = 0 va 2x + 5y + 6 = 0. Tim toa d¢ ba dinh
con lai cia hinh binh hanh dé.
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2.10. Cho hai dutng thang:

x=3+t x=2+2t
A A
y=-=2+3t y=-—4+1

Pudng thing d di qua diém A(2; 3), cdt A va A’ 14n lugt tai E va F sao che
A la trung diém cia doan EF.

a) Tim toa d§ cia E va F.

b) Tim phuong trinh tham sé ciia dudng thing d.

§3. KHOANG CACH VA GOC
A. TOM TAT GIAO KHOA

I. KHOANG CACH TU MOT PIEM PEN MOT PUONG THANG

1. Céng thitc tinh khoang cach
Trong mit phing toa dd, khodng cach tir diém M(xy; ym) dén duting
thang A: ax + by + ¢ = 0 la: '

ax,, + by, +c¢
d(M;ﬁ);i M - y"""z |
a‘+b

2. Vi tri ciia hai di€m dé6i véi mét dudng thing
Cho dudng thdng A: ax + by + ¢ = 0 va hai diém M(xy, yu), N(xxn; yn)
khéng ndm trén A. Khi dé: '
* M, N nam cing phia d6i v6i A < (axy + byy + c)axy + byn + ¢} > 0
* M, N nim khdc phia d6i vdi A < (axy + byy + claxy + byn + ¢} < 0.

3. Ap dung: Viét phuong trinh cde dudng phén gide
Cho hai dudng thing cidt nhau:
Arax+by+¢ =0
Agiagk + by + 2 =0 ceeiealTS
Phuong trinh hai dudéng phén gidc
clia cdce gée tao bdi hai duong thing dé la:

a,Xx+by+c L HXH b,y+c¢, _0
JaZ +b? JJa2 +b2
1. GOC GIT'A HAI PUONG THANG

Cho hai dudng thing:
Avax+byy+e,=0

A 89X + by + e =0
C6 vecto phdp tuyén ldn lugt la:
ﬁl = l:ﬂ-l; bl); ﬁz = {32; bz}
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1. Géc gidta A, va Ay, ki hidu (A, A;) dinh béi:

) 1ﬁ||'|ﬁ21 ) 1.|'ﬂmf .1,||ﬁ§ + b%

cos(A;, Ag) = |‘305(ﬁ|sﬁ2}

2. Ay LAy <> ajay + byby = 0.
B. CAC DANG TOAN
& VAN PE 1: TINH KHOANG CACH VA CAC AP DUNG
1. Phuong phap

a) Tinh Ehoang cach tiy mét diém dén mét dudong thing
* Viét phuong trinh téng qudt ciia dudng thdng A
* Ding edng thue tinh khoang cdach d(M; A)

' b) Tinh khodng cdch gita hai dutng thang song song

* Chung té6 A // A ] 2
* Lay M(xo; yo) € & : A"
* Thi d(A, A™) = d(M; A) M
¢) Chitng minh duong thing Acdt doan thing MN
Cho dudng thing A ax + by + ¢ =0 M
bat A(M) = axy + byy + ¢ \ A

AN) =axy +byn + ¢ I\

* A cdt doan thdng MN tai mét diém khde M va N Yo
< A(M). A(N) < 0

* A cit doan thing MN = AMM).AN) =<0

* A khéng cdt doan thdng MN < A(M).A(N) > 0

d) Viét phuong trinh cdc duong phdn gidac _cziu goéc tao boi ha
duong thang cdt nhaw:
ax+by+c, 4 a,x+b,y+c,

Jaf +h,2 - \/ai +b§

e) Viét phuong trinh duing phdn gidc trong hay phdn gide ngoad
cua mot tam gidc.
* Vi€t phuong trinh hai dudng phéan gide d,, d; clia gdc A.
* Xét vi tri chia B, C déi vdi d; (hoic ds)
e B, C nim khdc phia déi vdi d,
{d, la phéan gidc trong cta géc A
d, 14 phén gidc ngoai cia gée A

Ding céng thite: . =0

e B, C nim ciing phia d6i véi d,
d, 1a phan gide ngoai ciia géc A
d, 14 phén gidc trong cia géc A
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2. Vi du:

Vi du 1I: Tinh khodng cdch tir diém M dén dudng thing A trong méi
trudng hop sau: '
a) M(3;5) vaArdx+3y+1=0

Vi du 2: Cho hai dutng thdng: A: 3x + 4y -5 =0; A" —gx +2y-1=0.

a) Chitng minh A song song vdi A’
b) Tinh khodng cdch gilia A va A’

Vi du 3: Cho tam gidc ABC vdi A(1; 0), B(2; -3), C(-2; 4) va dudng thang
A: X - 2y + 1 = 0. Xét xem A cit canh nao cha tam gigc (khéng dung dé thi).

Vi du 4: Cho tam gide ABC véi A(4; 6), B(0; 3), C(4; 0)

a) Viét phuong trinh tong qudt cia hai dudng thidng AB va AC

b) Viét phuong trinh hai dudng phan gidc cla cde géc tao bdi hai dubng
thédng AB va AC.

¢) Viét phuong trinh dudng phédn gide trong cia géc A.

& VAN BE 2 TINH GOC GIUA HAI BUONG THANG

1. Phuong phép

a) Tinh goe gitia hai duéng thing
Tinh gdée (A, Ag)
* Tim vectd phap tuyén cha A, A; (heiic vecto chi phuong cia 4y, Ay).
*  Dong cong thie tinh cos(A;, Ag). Suy ra (A, Ag).
b) Tim céc gée tao béi hai duing cdt nhau va khong vudng goc
4; vee Ap
* Tinh gée (Ay, Ag).
' o =(ALA,)

B=180" o

* (Céc gbc can tim la {

2. Vi du

Vi du 5: Tim goc gitta hai dutng thing Ay, A trong méi trudng hgp sau:
a) A28 -y+5=0 A 3x+y-6=0

x =3t
by Ay X0 Ay I
b y=—4+3t {y:-g—Et

Vi du 6: Tim cdc géc tao bdi hai dudng thing:
&1:x+\f§y—1=ﬂ; ﬁ2:3x+xf§y+2=ﬂ
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C. BAI TAP LUYEN TAP

3.1. Cho tam gide ABC véi A(-1: -3), B(-2: 3), C(2: 1)
a) Viét phuong trinh dudng thing BC.
b) Tinh d§ dai duéng cao AH trong AABC.
¢) Tinh khodng cédch tir B dén trung tuyén qua C.
d) Tim bdn kinh dudng tron tdm I(-3; 2) va ti€p xic véi BC.

3.2. Cho duong thﬁng A: 2x + y — 1 = 0 va hai diém A(2; 1), B(1; -3)
a) Chiing minh A cdt doan thing AB
b) Tim cédc diém M trén A va cdch dudng thing d: 4x + 3y ~ 10 = 0 mét
khoang cdch bing 2.

3.3. Vit phuong trinh dudng thing A:
a) Qua A(1; 2) va cdch déu hai diém M(2; 3), N(4; -5)
b) Qua A(2; 5) va cdch B(5; 1) mét khodng bing 3.

3.4. Cho duting thﬁng A:x —y + 2 = 0 va hai diém O(0; 0); A(2; 0)
a) Chitng minh hai di€ém A va O ndm cung phia d&i vdi A
b) Tim diém déi xitng cia O qua A .
c¢) Tim diém M trén A sao cho d¢ dai dudng gap khic OMA ngdn nhit,

3.5. Tim tédp hop cdc diém

a) Cach dudng thing -2x + 5y - 1 = 0 mét khodng cdch bing 3.
b) Cdch déu hai dudng thing dx -3y + 2=0vay-3=0

3.6. Cho ba diém A(2; 0), B(4; 1), C(1; 2).
a) Chitng minh A, B, C la ba dinh cia mét tam gidc.
b) Viét phuong trinh dudng phén gide trong clia gée A.
¢) Tim toa dd tdm I cia dudng trdn ndi tiép AABC.

3.7. Cho tam gidc ABC.
Biét AB:x-y+4=0;BC:3x+5y+4=0,AC: Tx+y-12=0.
a) Viét phuong trinh dung phédn gidc trong clia goc A.
b) Tinh dién tich AABC. _
¢) Khéng diing hinh vé, hiy cho biét gde toa dd O ndm trong hay ngoai
tam gidc ABC.
3.8. Cho ba diém A(4; -1), B(-3; 2), C(1; 6). Tinh géc BAC va géc giita hai
dutng thang AB, AC.

X=2+mt

3.9. Xdc dinh m dé géc tao béi hai dusng thing A;: {}* -2t

va Ag: 3x + 4y + 12 = 0 bing 45°.

3.10. Viét phuong trinh dudng thing A qua M(2; 1) va tao vdi dudng thing
d: 2x - 3y + 2 = 0 mdt géc 45"
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§4. PUGNG TRON

A. TOM TAT GIAO KHOA

I. PHUONG TRINH PUONG TRON

1. Dang 1: Trén mit phing toa dd, phuong trinh dudng tron (%) ¢ tam
I(%p; ¥o) va ban kinh R la:

(x=%,)" +(y~y,)’ =R’

B@c biét: Phuong trinh duﬂ’ng tron tdm O(0; 0), ban kinh R la:
° + y = R

2. Dang 2:

Phuong trinh | x* +y® +2ax +2by +¢c =0

v6i didu kién a® + b® - ¢ > 0, la phuong trinh dugng tron.
Tam I(-a; -b)

Bdn kinh R = Va’ +b* —¢

II. PHUONG TRINH TIEP TUYEN CUA PUONG TRON

1. Diéu kién ti€p xic ctia dudng thing va dudng tron
Cho duting thing A va dudmg tron (%) tdm I, ban kinh R

A tiép xie vl (P = d(I, A) =R

2. Tiép tuyén tai mét diém cia dudng tron
Viét phuong trinh ti€p tuyén A cda duding
tron () tai difm M(xy; yu) € (9.

* Tim tdm I(xy; vo) ctia (€
*  Vectg phdp tuyén ctia A la:
{ = (xp — Xo} Y1 = ¥o)
* Tiép tuyén A la dudng thing qua M,

(€)

=

¢6 vectd phdp tuyén la IM nén cé M
phuong trinh la:
(xn — Xo)X = xp0) + (ym = Yoy - ym) = 0 o
3. Tiép tuyén cé phuong cho trude hay di qua mdt diém cho trude

d ngoai dudng {ron
* Tim tAdm I va bdn kinh R cia dudng tron ()
*  Viét dang clia phuong trinh tiép tuyén A
* A tiEp xic (B) = d(I; A) =R

Suy ra cdc hé s6 chua biét réi viét phuong trinh cha A.
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B. CAC DANG TOAN
& VAN PE 1: TIM TAM VA BAN KiN" CUA DUONG TRON
1. Phuong phap

a} Cach 1:

o Tam:I(xy3Y,)

¥ Suy ra o
@ Bankinh:R

b) Cach 2:
*  Pua phuong trinh dudng tron vé dang:
x° 4+ y% + 2ax + 2by + ¢ = 0
* Kiém tra didu kién: a® + b* —¢> 0
[ Tam: I(—a;-b)

* Suy ra -
Jl* Bé.nkinh:l{:\/; +b? ¢

* Pua phuong trinh dudng tron tim vé dang: (x - x0)* + (y — yo)* = R®

2. Vi du

Vi du I: Tim tdm va bdn kinh cla cde dutng tron (néu cé) cho bdi cde

phuong trinh sau:

a5

a) (x+ 37 +(y-2) = (1)

P 2 2 .
b) {%E] +[i+—3J _4 @)

e) X +y -2x+6y-T=0 (3)
d) 2x + 2y  —dx + 6y -5=10 (4)
e) X +y°-2x-8y+20=0 (5)
f}x2+y2—8x+6y+2.}=0 (6)

Vi du 2: Cho duding (Cm) ¢6 phuong trinh:
x2+}?2+4mx—2m}'+2m+3=ﬂ

a) Dinh m dé (Cm) 14 mét dudong tron.

b) Pinh tdm va bdn kinh cia dudng tron (Cm).
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& VAN PE 2: TIM PHUONG TRINH DUGNG TRON
1. Phuong phap

a) Cach 1: Ding tdm va ban kinh
* Tim toa do tAm I(x;; yy) cha dudng tron (9
* Tim bdn kinh R cila (%),
* Phuong trinh caa (9): (x — xF + (y - yo)* = R
b) Cdach 2: Dung phuong trinh téng quét
* Phuong trinh dudng tron (%) ¢6 dang: x* + y* + 2ax + ‘Zb}f +c=0
* Lap hé phuong trinh véi 4nsé la a, b, c
* Giai hé tim a, b, ¢ rdi suy ra phuong trinh cda (%).

2. Vidu

Vi du 3: Viét phuong trinh dudng tron (%) trong méi trudng hop sau:
a) C6 tam I(3; 0) va qua diédm A(2; -3).

b) C6 tdm 1(6; 1) va ti€p xiic vdi dudng thdng A: x + 2y - 3 = 0.

¢) Cé duﬂng kinh AB véi A(4; -2), B(-3; 6).

d) Ngoai tiép tam gide ABC véi A(2; —1} B(1; 2), C(-3; -1).

Vi du 4: Viét phuong trinh dudng tron {%") trong méi trudng hop sau:

a) Qua A(-1; 2), B(3; 0) va cé tdm nim trén dudng thdng A: Tx +y -6 = 0.
b) Qua A(3; 4) va ti€p xic truc hoanh tai B( -2; 0).

c) Qua A(1; 2) va tiép xtc dudng thing A: 3x - 4y + 2 = 0 tai B(-2; -1).
d) C6 ban kinh R = 5 va tiép xidc dudng thang A: 3x — 4y — 31 = 0 tai A(1; -7).

& VAN BE 3: TIEP TUYEN CUA PUONG TRON
1. Phuong phap

a) Logi 1: Tiép tuyén tai diém M(xy; vy thude duong tron (¥
Xem phdan tém tdt gido khoa.
b) Logi 2: Tiép tuyén cé phuong cho trude
Xem phan tém tdt gido khoa. Cédn chd y:
* Acéhésdgéck > Ay=kx+m
* Affdiax+by+e=0 = Aax+by+m=0(véim #c)
* Aldiax+by+c=0 = Abx-ay+m=0
(hodc la -bx + ay + m = 0)
¢) Loqi 3: Tiép tuyén qua diém A(x,; y4) ¢ ngoai duong tron (%)
* Tim tdm I va bdn kinh R cta (9
* Phuong trinh ti€p tuyén A cé dang:
ax - X))+ by —ya) =0(vdi a2 + b2 = 0)
* A tidp xic (B) < d(I; A) =
Chon a, b thich hgp réi suy ra phuong trinh tiép tuyén A
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2. Vidu

Vi dyu 5: Cho dudng tron (¥ x* + y* - 2x -6y + 5 = 0.

Viét phuong trinh tiép tuyén A vdi (¥) trong méi trudng hop sau:

a) Tai diém M(2; 1) thude (9.

b) C6 hé s8 géc bing -2.

c) Song song vdi dudng thing d: 2x - y + 2 = 0. Tim toa d¢ tiép diém.
d) Vuéng géc vdi duting thdng d: 83x - 2y + 1 = 0.

C. BAI TAP LUYEN TAP

4.1. Viét phuong trinh dudng tron (%) trong méi truéng hgp sau:
a) Qua A(1; 0), B(2; 0) va ti€p xic dudng thing A: x -y = 0.
b) Qua A(0; -1), B(0; —4) va ti€p xic tryc Ox.

¢) C6 tam trén dudng thdng d: x + ¥y - 3 = 0, ¢6 bdn kinh R = 1 va tiép
xtic truc hoanh.

d) C6 tam trén dudng thing d: x + y - 5 = 0, ¢6 ban kinh R = 10 va
tiép xdc dudng thing A: 3x +y -3 = 0.
e) C6 tam trén dudng thing d: x — 2y — 6 = 0 va tiép xic dudng thing
Arx -y - 1=0 tai diém A(2; 1).
4.2. Viét phuong trinh duémg tron (%) trong méi trudng hgp sau:
a) Qua A(2; 4) va tiép xuc véi cde truc toa db.
b) Cé tAm trén dudng thang d: 4x — 2y — 8 = 0 va tifp xic vdi hai true toa dd.
¢) Cé tam trén dudng thing d: 4x + 3y - 2 = 0 va ti€p xic vdi hai dudng
thdng A x +yv+4=0,ATx-y+4=0.
d) Cé tAm trén dudng thdng d: 2% - 3y + 1 = 0 va tiép xdc véi hai dudng
thing A x + 2y -1=0, A x + 2y + 3 = 0.
4.3. Cho dudng tron () tdm I(1; -1) va qua diém A(2; 2)
a) Viét phuong trinh dutng tron (%).
b) Chiing minh diém M(2; 1) ¢ trong dudng tron.
¢) Viét phuong trinh duong thing A qua M, cit (%) tai hai diém P, Q sao
cho M 1a trung diém PQ.

4.4, Xét vi tri tuong doi cia dudmg thang A va dubng tron (%) ¢6 phuong trinh:
Ar3x+y+1=0; (@) x*+y —dx+y+1=0

4.5. Tim toa d6 giao di€m cia hai duting tron:
(®: X*+y'-Tx-y=0; (Frx*+y'-x-Ty-18=0

4.6. Cho dugng tron (€): x°* + ¥° - 4x - 6y — 12 = 0 va diém A(7; -7)
a) Chitng minh diém A & ngoai dubng tron ().
b) Viét phuong trinh ti€p tuyén clia (¥) song song véi dudng thing
d:3x +4y-6=0
¢} Viét phuong trinh tiép tuyén cia (%) di qua diém A.

4.7. Cho dugng tron (B): x° + yv° + 2% — 4y — 4 = 0 va diém A(3; 5)
Viét phuong trinh ti€p tuyén cla () ké tio A. Gid sd cdc tiép tuyén tiép
xice vdi dudng tron tai M va N. Tinh d6 dai MN.
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PHAN 2: NHUNG BAI TOAN CO BAN
1. BAI TOAN 1. Tim toa d9 giao diém ciia hai dwong thang cit nhau.
Vi du: Tim toa d¢ giao diém M cua cac cap dudng thing cit nhau sau:
x=1+2t | {x=2—3t

va
y=3-t y=-1+t

a) x+y—4=0va2x—-y-5=0 b){
x=1+t¢ - 4

c) x—y+3=0va d) 2x+3y-7=0 va 5:y+
y=T7T-2t 3 -5

2. BAI TOAN 2. Tim diém d6i xirng ciia mot diém qua mt dwong thang
Vi du: Tim diém M ' d6i xang véi diém M(1;2) qua duong thing A:x-3y—-5=0.
Ax-3y=5=0

M(@:2) H¥_‘ MO
3. BAI TOAN 3. Kiém tra tinh ciing phia, khéac phia ciia hai diém véi mét duong thing.

Vi du: Cho dudng thang A:x—3y+5=0. Xét vi tri cung phia, khic phia cta cac cip diém sau
v6i dudng thing A.a) A(1;-2) va B(-1;-3) b) C(2;3) va D(-2;-1)

4. BAI TOAN 4. Viét phwong trinh dwdng phan gidc ciia goc tao béi hai dwong thang cit
nhau.

Vi du: Cho hai dudng thing A, :3x—4y+1=0 va A,:5x+12y—2=0. Viét phuong trinh
duong phan gidc cuia goc tao bdi hai duong A, va A,.

5. BAI TOAN 5. Viét phwong trinh dwong phan giac trong, phin giac ngoai ciia goc trong tam
giac.

Vi du: Cho tam giac ABC véi A(3;O),B(1;1),C(—1;8). Viét phuong trinh dudng phan giac

trong, phan gidc ngoai cua goc A.

6. BAI TOAN 6. Tim chan dwdng phéan giac trong, ngoai ciia géc trong tam giac.
Vi du: Cho tam gidc ABC v6i A(1;5),B(—4;5),C(4;—1). Xéc dinh toa do chan dudng phan gidc

trong va phan giac ngoai cia goc 4.

D

7. BAI TOAN 7. Tim trong tim, truc tim, tim dwdng tron ngoai tiép, tim dudng tron ndi tiép
tam giac.
Vi du: Cho tam giac ABC vdi A(2;6),B(—3;—4),C(5;0). Tim trong tAm, truc tdm, tim dudng

tron ngoai tiép, tim dudng tron ndi tiép tam giac ABC .
_ y A

B
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PHAN 3: 10 BAI TOAN HINH HQC OXY

Bai toan 1. Tim M thudc duwong thing d di biét phwong trinh va cich diém I mét
khoing cho truwéc (IM=R khong ddi)

C. Vi DU GOC:

Trong mit phang toa d§ Oxy, cho diém 7(5;2) va duong thang A:2x—y+3=0. Tim toa

I(5:2)
. / |

e we 8 M) ToAxsy+3=0

d6 diém M thudc duong thang A sao cho MI =5.

7
Rscons/

M) ' A

Cachl: Med=>M(t);IM=5=t=M .DS: M(1;5) hoac M(%,%)

Cach2: MI'=5_, M thugc dudng tron tdm I ban kinh R=5 = M la giao diém cua dudng
thang va dudng tron — M.

1. CACHRA BE 1:

Vi du 1 (D - 2006): Trong mit phing toa do Oxy, cho dudng tron
(C):x*+y*—2x-2y+1=0 va dudng thing d:x—y+3=0. Tim toa d0 diém M nim
trén d sao cho dudng tron tAm M , c6 ban kinh gip d6i ban kinh dudng tron (C ) , tiép xtc

ngoai v6i dudng tron (C).

HD: Diém M thudc dudng thang d = M (¢). Tur (C) = tam I va ban kinh R. ta c6 IM=3R
= M. BS: M (1;4) hodc M (-21).
Vi du 2 (A — 2011): Trong mit phang toa 6 Oxy, cho dudng thing A:x+y+2=0 va

dudng tron (C):x”+y* —4x—2y=0. Goi / 1a tim cua (C),M la diém thudc A.Qua M
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ké céc tiép tuyén MA va MB dén (C) (A4,B la céc tiép diem). Tim toa do diém M , biét tir

gidc MAIB c6 dién tich bang 10.

_ﬂlx+}'+2=(_]‘ A

Hwéng din: Tir (C) = tdm I va ban kinh R. Tir tt gidc MAIB c6 dién tich bang 10 =
dién tich tam giac MBL. C6 BI = MB, ma M (¢) = M. BS: M (2;-4) hoac M (-3;1).

Vi du 3 (B —2002): Cho hinh chit nhat ABCD c6 tam [ (%;Oj , phuong trinh dudng thang

AB 1a x-2y+2=0 va AB=2A4D. Tim toa d6 cic diém A,B,C,D biét ring A c6 hoanh

do am.
A oy B, B0 x2ya2=0
(xj-(O)/ - I{%J}:l -
AB=24D. | T NG
D) e

Hué6ng din: B thuoc duong thing AB = B(¢) valla trung diem BD= D(t).

Ta c6 AD=2d(I,AB)= t.

Céch 2: AD=2d(I,AB)=2IH. Tinh duoc IA=IB, tir d6 = A, B la giao diém ciia dudng thang
AB va duong tron tdm I, ban kinh R=IA. BS: 4(-2;0),B(2;2),C(3;0),D(-1-2).

Vi du 4 (B — 2009 — NC): Trong mit phang toa dd Oxy, cho tam gidc ABC cantai 4 c6
dinh A(-1;4) va cac dinh B,C thudc duong thang A:x—y—-4=0. Xac dinh toa d6 cac

dinh B va C, biét dién tich tam gidc ABC bang 18.
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Huoéng din: Tir dién tich tam giac ABC = BC = AB=AC. Ta c6 B, C la giao diém ciia

duong thing voi duong tron tim A ban kinh AB. BS: B(%;—EJ,C(E;EJ hodc

2 22
(3.5 p(11.3)
2 2 22

Vi du 5: Trong mit phing toa 6 Oxy, cho hinh vuéng ABCD, c6 BD nim trén dudng
thang c6 phuong trinh x+y-3=0, diém M (-1;2) thuoc duong thing AB, diém
N(2;-2) thudc dudng thing 4D . Tim toa do céc dinh cua hinh vuong ABCD biét diém B

c6 hoanh d¢ duong.

_ x+y-3=0
A() M(-12)
B
N(2;-2) H
_ : Jd-
N c()

Vi du 6. Trong mat phéng toa d0 Oxy, cho hinh thang ABCD wvuong tai 4 va D, cé
AB=AD<CD, diém B(1;2), duong thing BD c6 phuong trinh y=2. Biét duong thing
A:Tx—y—-25=0 cit cac doan théng AD,CD lan luot tai hai diém M,N sao cho
BM vudng goc véi BC va tia BN la tia phan giac trong ctua MBC . Tim toa d6 diém D

biét D c¢6 hoanh do duong.

A — e’ B
A:Tx—-y-25=0 B P> B(1:2)
M - _ | I F '

y=27" P20 ‘W ¢
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Vidu 7. (A, A1 — 2012 — CB): Trong mit phing toa dd Oxy, cho hinh vudéng ABCD . Goi
M 1a trung diém cua canh BC,N la diém trén canh CD sao cho CN =2ND. Gia st

M(%,%) va AN c6 phuong trinh 2x—y—3=0. Tim toa d6 diém A.

M

A() B

ag3x+y+5=0

A, x-2y-3=0

H

DX c /1

2x—y—3=0 SN

Vi du 8. Trong mit phing toa do Oxy, cho hai dudng thiang A 3x+y+5=0,

A,:x—-2y-3=0 va dudng tron (C):x*+)° —6x+10y+9=0. Goi M 1a mot diém thude
dudng tron (C) va (N) 1a diém thudc duong thing A, sao cho M va N doi xtmg véi
nhau qua A,. Tim toa do diém N.

Vi du 9. Trong mit phiang toa 6 Oxy, cho tam giac ABC vudng tai A(l;—\/§ ) co goc

ABC =30" , duong thing A:x—y+2=0 1a tiép tuyén tai B cua dudng tron ngoai tiép tam
giac ABC . Tim toa do cac diém B va C, biét B c6 hoanh d6 1a mot sé hitu ti.

RO

Vi du 10. Cho hinh thoi 4BCD, ngoai tiép dudng tron (C):x* +3° —2x+2y—18=0. Biét
AC=2BD, diém B c6 hoanh d6 dwong va thudc duong thing A:2x—y—-5=0. Viét
phuong trinh canh 4B .
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Vi du 11. Trong mat phéng toa d0 Oxy, cho hinh chit nhat ABCD c6 E,F lan luot thudc
cac doan AB,AD sao cho EB=2EA, FA=3FD, F(2;1) va tam gidc CEF vudng tai F.
Biét rang duong thang x—3y—9=0 di qua hai diém C,E. Tim toa d6 diém C biét C co
hoanh d§ duong.

3x=y=0

x=2y=0
4 4 >0
B cy T 05>0)
H.
| , 1| : ' ()
-33-9=0 : . : ABCD
x=3y / | ) | | 45°
4 F2) LDy — ror—— - C

Vi du 12. Trong mit phang toa d6 Oxy, cho hinh thang ABCD vudng tai A va D cb day
16n CD va BCD =45°. Duong thing AD va BD lan lugt c6 phuong trinh 3x—y=0 va
x—2y=0. Viét phuong trinh duong thang BC biét dién tich hinh thang bang 15 va diém
B c6 tung d§ duong.

Vi du 13: Trong mit phang toa dd Oxy, cho hinh thang cdn ABCD cé hai dudng chéo
vudng goc v6i nhau va AD =3BC. Puong thing BD c6 phuong trinh x+2y—-6=0 va

tam gidc ABD ¢4 truc tam la H (—3;2). Tim toa do cac dinh C va D.

4x+3y-32=0
5 ) M|
| - cC)
LI Rowey =5 '
NH(32) BMBC=15
| AD=3BC .\11(3 | D y q- _
' x+2y-6=0 4 B(1;1)

Vi du 14: Trong mit phing toa dd Oxy, cho tam gidc ABC vuéng tai 4, diém B(L1).
Trén tia BC lidy diém M sao cho BM.BC=75. Phuong trinh duong thang

AC:4x+3y—-32=0. Tim toa do diém C biét ban kinh dudng tron ngoai tiép tam giac

55
gz-

MAC bin
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Vi du 15: Trong mit phang toa 46 Oxy, cho duong tron (T):(x—l)2 +(y—2)2 =5 va
duong thang A:x+y+2=0. Tir diém A thudc A ké hai dudng thang lan luot tiép xtic voi
(T) tai B va C. Tim toa do diém 4 biét dién tich tam gidc 4BC bang 8.

Ax+y+2=0

B(6:4)

0 A4(2:0) X

2. CACH RA DE 2:
Vi du 1 (B - 2005): Cho hai diém 4(2;0) va B(6;4). Viét phuong trinh duong tron (C)

tiép xtic v6i truc hoanh tai diém 4 va khoang cach tir tim ctia (C) dén diém B béng 5.

Vi du 2 (B — 2009 — CB): Cho duong tron (C):(x—2)2+y2 :% va hai duong thang

A:x—y=0va A,:x—7y=0.Xéc dinh toa d6 tAm K va ban kinh cua dudng tron (C,);

biét duong tron (C,) tiép xtc véi cac dudng thang A, A, va tim K thudc duong tron (C).

d:ix—y-4=0

Vi du 3 (B - 2012 — CB): Cho duong tron (C,):x* +)* =4,(C,): x>+ -12x+18=0 va
dudng thing d:x—y—4=0. Viét phuong trinh dudng tron c6 tam thudc (C, ), tiép xtic véi
d vacét (C,) tai hai diém phan biét 4 va B sao cho AB vudng goc véi d .

Vi du 4. Trong mit phing toa dd Oxy, cho tam gidc ABC can tai 4 ndi tiép duong tron
(T) c6 tam 1(0;5). Dudng thing A7 cit duong tron (T) tai diém M (5;0) véi M khac A.
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Dudng cao ké tir dinh C cit duong tron (7) tai N (—1?7;—2) v6i N khac C. Tim toa do

cac dinh cta tam giac ABC, biét B c6 hoanh do duong.

A

Vi dy 5: Cho duong tron (C):x* +»* =8. Viét phuong trinh chinh tic cta elip (£) c6 do
dai truc 16n bang 8 va (E) cit (C) tai bon diém phan biét tao thanh bon dinh ctia hinh
vuong

Vi du 6. (D — 2013 — NC): Cho duong tron (C):(x—l)2 +(y—1)2 =4 va duong thang
A:y—3=0. Tam gidc MNP c6 tryc tim tring v6i tdm cua (C), cac dinh N va P thudc
A, dinh M va trung diém ctia canh MN thudc (C). Tim toa do diém P.

AT

M)

©

1'4:5)

| A\ Ary-3=0 _
N P B(?)

Vi du 7. Cho duong tron (C):(x—4) +(y—1)'=2 va (C):(x—») +(y—5)" =8. Cho
AB 1a mot dudng kinh thay doi cua duong tron (C') va M 1a mot diém di dong trén duong
tron (C). Tim toa do céc diém M, 4,B sao cho dién tich clia tam gidc MAB 16n nhat.

3. CACH RA DE 3:
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Vi du 1: Cho dudng tron (C):x*+y* —2x+4y—-20=0 va diem 4(4;2). Goi d la tiép
tuyén tai 4 ctia (C). Viét phuong trinh duong thing A di qua tim I ciia (C) va A cit d

tai M sao cho tam giac AIM co dién tich bang 25 va M c6 hoanh d¢ duong.

x-y=U

A(4:2) M)

Vi du 2: Cho tam gidc ABC c6 dién tich bang 2, duong thang di qua 4 va B c6 phuong
trinh x—y=0. Tim toa d0 trung diém M cia AC biét 7(2;1) la trung diém ciia BC.

Vi du 3 (B-2003): Cho tam gidc ABC c6 AB=AC,BAC =90°. Biét M (1;~1) 1a trung

diém canh BC va G(%;Oj 1a trong tam tam gidc ABC . Tim toa do cac dinh 4,B,C.

c(?)

6)

y {q) _
Vi du 4 (D-2013-CB): Cho tam giac ABC c6 diém M (—%,%) 1a trung diém cua canh
AB, diém H(-2;4) va diém I(-11) lan lugt 1a chan dudng cao ké tir B va tdm dudng
tron ngoai tiép tam giac ABC . Tim toa do diém C.

Vi du 5: Cho céc diem 4(10;5),B(15;-5) va D(-20;0) la cac dinh cua hinh thang can

ABCD trong d6 AB song song voi CD . Tim toa do dinh C.
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A(10;5) BUs=5) 1 Lae5) 1 B5-5)

7 /TN

D(-20:0) @ DI.(‘;E"_'O;O) 7

'C(?)

Vi dy 6.: Cho hinh thoi ABCD c6 tim1(3;3) va AC =2BD. Diém M(2;§j thudc duong

thang 4B, diém N (3;?) thudc duong thang CD . Viét phuong trinh dudng chéo BD biét

dinh B ¢6 tung do nguyén.
o

AC=28D

Vi du 7 (D-2010-CB): Cho tam giac ABC c6 dinh A(3;—7), truc tam [a H(3;-1), tdm

dudng tron ngoai tiép 1a 7(—2;0). Xac dinh toa d dinh C biét C c6 hoanh d¢ duong.

H(3:-1) - |
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Vi du 8: Cho hai diém A(1;2),B(4;3). Tim toa do diém M sao cho MAB=135" va

. ) . 1
khoang cach tr M dén duong thang AB bang g

A p p o B
MY IR N
0 NV
J0 | g '
T e 1357
42 _ . ' o
H A2 B(&:3) p(y c)

Vi du 9: Trong mit phing toa dd Oxy, cho hinh chit nhat ABCD c6 cac canh AB va AD
tiép xtc véi duong tron (7') c6 phuong trinh (x+2)2 +( y—3)2 = 4. Pudng chéo AC cit

dudng tron (T) tai hai diem M,N. Biét M (—%,?) , truc tung chtra diém N va khong

song song voi AD; dién tich tam giac ADI bang 10 va diém A4 c6 hoanh d6 4m va nho hon
hoanh d6 cua D . Tim toa d0 cac dinh cua hinh chtr nhat ABCD .

Vi du 10 (Khoi A, A1-2014): Trong mit phang toa d6 Oxy, cho hinh vudng ABCD c6
diém M 1a trung diém 4B va N la diém thudc 4C sao cho AN=3NC. Viét phuong trinh
duong thang CD, biét M(1:2) va N(2:-1).

y CMQ2) I
| : A
N1y 1 Ol .
-1 4 (j\\d2:2x+y=0
D* 7 C d1:2x+y—-5=9

4. CACH RA DE 4:

Vi du 1: Trong mit phang toa do, cho dudng tron (C):x*+)”> —2x+4y-20=0 va hai
duong thiang d :2x+y-5=0,d,:2x+y=0. Lap phuong trinh duong thang A tiép xiic
v6i duong tron (C) tai 4 cit Oxy d,,d, lan lugt tai B va Csao cho B la trung diém cua

doan thang AC.
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Vi du 2 (A — 2010 — CB): Cho hai duong thang d, :\/§x+y:0 va d, :\/gx—y:O. Goi

(T) 1a duong tron tiép xtc voéi d, tai A4, cit d, tai hai diém B va Csao cho tam gidc

ABC c6 dién tich bang g va diém A c6 hoanh d6 duong.

(%)

Vidu 3 (B - 2011 — NC): Cho tam gidc ABC c6 dinh B(%;lj. Puong tron noi tiép tam

gidc ABC tiép xtic véi cac canh BC,CA, AB twong Gng tai cac diémD,E,F . Cho D(3;1)

va duong thing EF c6 phuong trinh y—3=0. Tim toa d6 dinh A, biét 4 c6 tung do

duong.

BAI TAP VAN DUNG

Bai 1. Trong mit phang toa d0 Oxy, cho dudng tron (C):x*+3° —4x—6y—12=0. Tim
toa d diem M thudc duong tron (C') c6 dién tich gip bon lan dién tich dudng tron (C) va

(C') dong tam véi (C). Biét duong thing d :2x—y+3=0 di qua diém M .

C@2:-5)
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Bai 2. Trong mit phang toa do Oxy, cho diém C(2;-5), dudng thang A:3x -4y +4=0.
Tim trén duong thang A hai diém 4 va B ddi xing v6i nhau qua diém 7/ (2;%) sao cho

dién tich tam giac ABC bang 15.

Bai 3. Trong mit phang toa d6 Oxy, cho hinh vuéng ABCD c6 phuong trinh canh
AB:4x+3y—-24=0va [ (—%,%j 1a giao diém hai duong chéo. Tim toa d6 cac dinh cua

hinh vudéng ABCD , biét dinh 4 c6 hoanh d¢ duong.

A0

S jpep =20

~n

D(?)

4 H B 4x+3y-24=0 B(0;-3)¢

| }f(-_l.-_?) | '
I\ 272 Te

D ' C : : R 3x+}"—7=0:

Bai 4. Trong mit phang toa dd Oxy, cho hinh thoi ABCD biét phuong trinh ctia mot dudng
chéo 1a 3x+y—7=0, diém B(0;3), dién tich hinh thoi bing 20. Tim toa d6 cac dinh con
lai cua hinh thoi.

Bai 5.. Trong mit phang toa do Oxy. Viét phuong trinh dudng tron (C) di qua hai diém
A(0;5),B(2;3) vaco ban kinh R =+/10.

Bai 6. Trong mit phang toa dd Oxy, cho tam giac ABC can tai 4 ndi tiép trong dudng tron
(C):x*+»*+2x—4y+1=0 va M(0;1). Tim toa d6 cac dinh clia tam gidc ABC biétM

la trung diém cta canh 4B va A c6 hoanh d6 duong.
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(C):xt+y*+2x—4y+1=0

X=y=0

B () B | ™
Bai 7. Trong mat phéng toa d0 Oxy, cho tam giac ABC déu, biét diém (2 + \/§ 12— \/5 ) va
duong thang BC:x—y =0. Timtoadd B va C.

Bai 8. Trong mit phang toa do Oxy, cho diem A4(-1;2) va dudng thing A:x -2y +3=0.

Trén dudng thang A lay hai diém B,C sao cho tam giac ABC vudng tai C va AC =3BC.
Tim toa d6 dinh B.

A(-1;2) | 4(2,6)

M

d:x-y-3=0

- By
N\ Aix-2y+3=0
B(%) |

Bai 9. Trong mit phang toa d0 Oxy, cho dudng thing d:x—y—3=0 va diem A(2;6).

On

Viét phuong trinh dudng tron ngoai tiép ngoai tiép tam giac ABC biét rang hai diém B,C
A \ 2 . A : oA gy 35
thudc duong thang d , tam giac ABC vuong tai 4 va cé dién tich bang ﬁ

Bai 10. Trong mit phing toa o Oxy, cho hinh vuéng ABCD va A(-1;2). Goi M,N lan

luot 14 trung diém cua AD va DC, E la giao diém cia BN va CM . Viét phuong trinh
duong tron ngoai tiép tam gidac BME biét BN nam trén dt2x+ y—8=0.
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ACL2) M D 7
Aﬂ) _ _ _
H_-4 ,N | R - Arx=2y+2=0

e BO O (3,50
Bai 11. Trong mit phang toa d0 Oxy, cho diém A(-1;3) va duong thing A c¢6 phuong
trinh x —2y+2=0. Dung hinh vuéng ABCD sao cho hai dinh B,C nam trén A. Tim toa
do cac dinh B,C,D biét C cb tung d6 duong.

Bai 12. Trong mit phang toa dd Oxy, cho hinh chit nhat 4BCD c6 dién tich bang 12, tAm
cua hinh chir nhat 1a diém /7 (%,%j thuoc doan BD sao cho /B =2ID . Tim toa do cac dinh

ctia hinh chit nhat, biét 4 c6 dung do duong.

AP®) 2x+y-1=0 H D(?) x>0

40 Sso=12 B
3) I(-3:2
) | e

M3;0) = I{g;;

oy ™ B c

Bai 13. Trong mit phing toa d§ Oxy, cho hinh chit nhat ABCD va diém M (3;0) la trung
diém cta canh AD. Tim toa d0 cac dinh cta hinh chit nhit ABCD c¢6 phuong trinh
AD:2x+y-1=0, diém /(-3;2) thudc doan BD sao cho /B =2ID. Tim toa do cic dinh
ctia hinh chit nhat, biét D ¢6 hoanh do duong va AD =2AB .

Bai 14. Trong mit phing toa do Oxy, cho hinh vuéng ABCD c6 dinh 4(0;5) va mot
duong chéo nam trén dudng thiang co phuong trinh 2x —y =0. Tim toa d6 cac dinh con lai

ctia hinh vudng, biét B c6 hoanh d¢ 16n hon 2.

awsy x4 fy+3=0
e B
AR~ |
Lol v s wao
CEERLY Dy — —.C
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Bai 15. Trong mit phang toa do Oxy, cho hinh thang ABCD vuéngtai 4 va D c6 day lon
CD. Biét BC=2A4B=24D, trung diém cia BCla diem M (1;0), duong thang AD cospt
X —\/g y+3=0. Tim toa do diém 4 biét 4 ¢6 tung d6 nguyén.

Bai 16. Trong mat phéng topa d0 Oxy, cho tam giac ABC can tai A, biét
BAC =120°; M (1;2) 1a trung diém cta canh AC. Puodng thing BC c¢6 phuong trinh

x—y+3=0.Tim toa do diém A biét diém C c6 hoanh do duong.

AR f il B

iy

1(43)

D) <ty
Bai 17. Trong mit phing toa d6 Oxy, cho duong tron (C):x*+)° —8x+6y+21=0 va
duong théng d:2x+y—-3=0. Xac dinh toa do cac dinh hinh vuéong ABCD ngoai tiép
dudng tron (C) biét 4 ndm trén d va c6 hoanh do nguyén.

Bai 18. Trong mit phang toa dd Oxy, cho dudng thing A:x—2y+5=0 va dudng tron
(C):x*+y*—2x+4y-5=0. Qua diem M thudc A, ké hai tiép tuyén MA,MB dén (C)

(A, B 1a cac tiép diém). Tim toa do diém M , biét do dai doan AB =24/5 .

Ax=2y+5=0 -

Bai 19. Trong mit phing toa d6 Oxy, cho dudng tron (C):x* +3* —12x—4y +36=0. Viét
phuong trinh duong tron (C') tiép xuc v6i hai truc toa do, dong thoi tiép xuc ngoai véi
dudng tron (C). Biét tam cua (C') c6 hoanh do va tung d6 cung dau. (Khong hinh)

Bai 20. Trong mat phing toa dd Oxy, cho hinh chir nhat ABCD c6 dién tich bang 12 va ¢

tam 7 1a giao diém cua hai dudng thang d:x—y-3=0vad,:x+3y-9=0. Trung diém
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cua canh 4D la giao diém cua d, v61 truc hoanh. Xac dinh toa do bon dinh cua hinh chit

nhat, biét 4 ¢ tung d6 duong.

A0
}-J;,.g _d}:xf}waiéo R
Ay - BO)
@ L \ @ MDA
d: x-y=3=0 T
oy . -+ - I2-1) AR
S 1 1
y=0/ 1 | | ! . B L ()

Bai 21. Trong mit phiang toa do Oxy, cho tam gidc ABC c6 trung diém canh 4B la
M (-1;2), tam dudng tron ngoai tiép tam gidc 1a 7(2;-1). Dudng cao clia tam gidc ké tir 4
c6 phuong trinh A:2x+ y+1=0. Tim toa do dinh C.

Bai 22. Trong mit phang toa d6 Oxy, cho hai duong thiang d:x+y+3=0 va
d,:x—y+1=0 va diém M (1;2). Viét phuong trinh duong tron di qua M cét d, tai hai

diém A4 va B sao cho AB =82 va ddng thoi tiép xuc véi d,.

dy:x+y+3=0
B(" 4x-3y—-4=0

| A | Y] ¥
® | |

. > Fi

= I
AB=82 :._.__! | _ M&:x+}-—1=0
N dy,:x-y+1=0 - 4x—-3y-18=0
‘ MQ2) ' D() c(?)

Bai 23. Trong mit phang toa d6 Oxy, cho hinh vuéng ABCD ¢b
AB:4x—y—-4=0,CD:4x-3y=18=0 vatim / thudc duong thing A:x+y—1=0. Tim
toa do cac dinh cta hinh vudng biét 4 c6 hoanh d6 nho hon 1.

Bai 24. Trong mit phang toa do Oxy, cho dudng tron (C) c6 phuong trinh x* +y* =25,
diém M (1;-2). Duong tron (C,) c6 ban kinh 24/10 . Tim toa d6 tim ctia dudng tron (C,) .

sao cho (C,) cét (C,) theo mot day cung qua M cé d¢ dai nho nhat.
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B '_ | Atf\ %) . C

d: x+:y'—f2':=='{} | .dl':_.v:c+'2_)a'-3.==_{}
Bai 25. Trong mit phang toa do Oxy, cho tam giac ABC c¢6 tam dudng tron ngoai tiép 1a
diém [/ (4;0) va phuong trinh hai dudng thang 1an luot chira dudng cao va dudng trung
tuyén xuat phat tir dinh 4 cta tam gidc 1a d,:x+y-2=0 va d,:x+2y—3=0. Viét
phuong trinh cac dudng thang chtra canh cia tam gidc ABC biét B c6 tung do duong.
Bai 26. Trong mat phéng toa d0 Oxy, cho hinh thoi ABCD co6 A(I;O),B(3;2) va

ABC =120° . Xac dinh toa dd hai dinh C va D, biét D ¢6 tung d6 duong.
B(?) x>0

Yo P

Bai 27. Trong mit phing toa do Oxy, cho hinh thoi ABCD c6 tdm [(2;1) va AC =2BD.
Piém M (O;éj thuoc dudng thing 4B, diem N(0;7) thudc duong thing CD. Tim toa do
dinh B biét B c6 hoanh do duong.

‘e - 2 N . . 2 2 27, .
Bai 28. Trong mat phang toa dd Oxy, cho duong tron (C):(x—3) +(y+2) = o tam

I va duong thing d:x+y+5=0. Tir diém M thudc d ké céc tiép tuyén MA,MB dén

dudng tron (C) (A4,B 1a céc tiép diem). Tim toa do diém M sao cho dién tich tam gidc

2 . .
IAB bang va d¢ dai doan 4B nho nhat.
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B
Bai 29. Trong mit phang toa o Oxy, cho duong tron (C):x* +y* +6x-2y+6=0 va céc

diém A(2;-3), B(4;1). Tim toa do diém M trén duong tron sao cho tam gidc MAB can tai

M va c¢6 dién tich 16n nhat.

€yx?+yr+6x-2y+ 6=0

Bai 30. Trong mit phang toa do Oxy, cho hinh vuéng O4BC c6 dinh A(3;4) va diém B
c6 hoanh do 4m. Goi E,F theo thtt ty 1a cac giao diém clia dudng tron (C) ngoai tiép hinh

vudng OABC véi truc hoanh va truc tung (E va F khac gdc toa d6 O). Tim toa d6 diém

M sao cho tam giac MEF c6 dién tich 16n nhét.
Bai 31. Trong mit phing toa do Oxy, cho diém A(2;0) va duong thang A:x—2y+2=0.

Tim trén A hai diém M, N sao cho tam giac AMN vudng tai A va AM =2AN , biét diém
N c6 tung do 1a s6 nguyén.

C(-4:1)
NE) N

N

0 — A D ~B

A:x+y-5=0

C A x=2y+2=0
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Bai 32. Trong mit phing toa o Oxy, cho tam gidc ABC vudng tai A4, c6 dinh C(—4;1),
phan giac trong géc A c¢6 phuong trinh x+ y—5=0. Viét phuong trinh duong thang BC,
biét dién tich tam gidc ABC bang 24 va dinh 4 c6 hoanh d6 duong.

Bai 33. Cho dudng tron (C):x* +y* —2x—-4y =0 va diém A(-1;3). Tim toa d¢ cac dinh
con lai ctia hinh chit nhat ABCD néi tiép (C) va c6 dién tich bang 10.

AI("_él; 3)

.CO

D(?) B(?)

x=3y+13=0 _

S e =10

Y > E14:1)
x"y-l=0/vn _

Bai 34. Trong mit phing toa d6 Oxy, cho tir gidc ABCD noi tiép dudng tron va CB=CD .

Trén tia d6i coa tia DA lidy diém E sao cho DE = AB. Phuong trinh canh
BC:x-3y+13=0, phuong trinh AC:x—y—1=0. Tim toa d6 dinh 4, B biét 4 c6 hoanh
d6 nho hon 3 va E(14;1).

Bai 35. Trong mit phang toa dd Oxy, cho tam giac déu ABC ndi tiép duong tron
(T):x*+y*-4y-4=0 va canh 4B c6 trung diém M thudc dudng thing
d:2x—y—-1=0. Tim toa d§ cac dinh cua tam giac ABC, biét diém M c¢6 hoanh do khong
16m hon 1.

d:2x-y—-1=0 A

T).xi+)y-4y—-4=0

3_(:3)_ c(®

Bai 36. Trong mit phang toa do Oxy, cho tam gidc ABC c6 dién tich bang 4 voi

A(3;-2),B(1;0). Tim toa do dinh C biét ban kinh duong tron ngoai tiép tam gidc bang 2 va

C c6 tung do duong. (Khong hinh)
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Bai 37. Trong mit phing toa dd Oxy, cho tam gidc ABC c6 tryc tim H(2;1) va tam
dudng tron ngoai tiép 7(1;0). Trung diém BCndm trén dudng thing c6 phuong trinh
x—2y+1=0. Tim toa d6 dinh B,C biét rang duong tron ngoai tiép tam giac HBC di qua
diém E(6;—1) va hoanh d¢ diém B nh¢ hon 4.

Bai 38. Trong mit phing toa o Oxy, cho tam giac ABC voi A(L;1),B(2;3) va C thudc
duong tron c6 phuong trinh x* +y° —6x—-4y+9=0. Tim toa do trong tAm cla tam giac
ABC, biét dién tich tam giac ABC bang 0,5 va diém C c6 hoanh do 1a mot s6 nguyén.
(Khong hinh)

Bai 39. Trong mit phing toa d6 Oxy, cho hai duong thing d:2x—y-1=0 va
d,:2x+y-3=0. Goi I 1 giao diém cia d, va d,; A la diém thuéc d, c6 hoanh do
dwong. Lap phuong trinh duong thing A di qua 4, cat d, tai B sao cho dién tich tam giac
IAB bang 6 va IB=3IA.

AQ)

. dztlxai-y—S.:(} . B(‘?) : - ..

Bai 40. Trong mit phang toa do Oxy, cho tam giac ABC c6 phuong trinh dudng cao ké tir

Cc(?)

dinh 4 12 3x—y+5=0, tryc tam H (-2;-1) va (%;4) 1a trung diém cta canh 4B . Tim
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toa dg cac dinh cua tam giac ABC, biét BC=+/10 va B c6 hoanh do nho hon hoanh d6
cua C.

Bai 41. Trong miat phang toa dd Oxy, cho hai dudng thiang Aix—y+15=0 va
A,:3x—y-10=0. Cac dudng tron (C,) va (C,) c6 ban kinh bang nhau, déu c6 tim ndm
trén A, va cit nhau tai hai diém 4(10;20) va B. Duong thing A, cét (C,) va (C,) lan
lugt tai C va D (khac A4). Tim toa d0 cac dinh cua tam giac BCD , biét dién tich tam giac

BCD bang 120 va tdm ctia dudng tron (C,) c6 hoanh do khong duong.

A3x—-y-10=0

Bai 42. Trong mit phing toa dd Oxy, cho dudng thing A: J3x - y=0. Lap phuong trinh
dudng tron tiép xtc véi A tai A, cat truc tung tai hai diém B,C sao cho tam giac ABC
vudng tai 4 va c6 chu vi bang 3+ J3.

Bai 43. Cho hai diémA(O;l), B(2;-1) va hai duong  thang
d:(m-1)x+(m=-2)y+2-m=0; d,:(2-m)x+(m-1)y+3m—-5=0. Goi P 1a giao

diém ciia d, va d,. Tim m sao co PA+ PB 16n nhat.

d: (m=Dx+(m=-2y+2-m=0 4 n-Dx+m-Dy+2-m=0
S 1.3
A0;1) ; (PA~PB), @D
: o — —tp B(2;-1)
B(2;-1) m=1 : :
P .

d,:(2-mx+(m—1)y+3m-35=0 | dz.‘(2—m}x+(m—i}y+3m—-.i=0

Bai 44. Cho tam gidc nhon ABC. Puong thang chira trung tuyén ké tir dinh 4 va duong
thang BC lan lugt c6 phuong trinh 1a 3x+5y—-8=0 va x— y—4=0. Duong thing qua A4

vudng goc v6i dudng thing BC cit dudng tron ngoai tiép tam gidc ABC tai diém thir hai 1a
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D(4;-2). Viét phuong trinh cc duong thing AB, AC biét ring hoanh d¢ cia diem B

khong 16n hon 3.

oA

Bai 45. Trong mit phing toa d0 Oxy, cho tam gidc ABC ndi tiép duong tron
(C):x*+y* =25, dudng thang AC di qua diém K (2;1). Goi M, N lan lugt 1a chan duong

cao ké tir B va C. Tim toa do cac dinh tam giac ABC, biét phuong trinh duong thing
MN 13 4x-3y+10=0 vaco diém A c6 hoanh d6 am.

Bai 46. Trong mit phang toa dd Oxy, cho tam gidc ABC c6 dinh 4(-1;-3). Biét rang truc

tam va tim duong tron ngoai tiép tam giac ABClan luot 1a H (1;,—1) va 1(2;-2). Tim toa

dd cac dinh con lai cua tam giac ABC.

A(-1-3)

A:2x+y-3=0

o Jwow

D(?) 3 C(5:-3)

Bai 47. Trong mit phang toa d6 Oxy, cho hinh thang ABCD c6 hai day 1a AB va CD . Biét
toa do B(3;3),C(5;-3) . Giao diém I cua hai duong chéo ndm trén dudng thang
A:2x+y—-3=0. Xac dinh toa d§ cac dinh con lai cia hinh thang ABCD dé CI=2BI,
tam giac ABC c6 dién tich béng 12, diém I c6 hoanh do6 duong va diém A4 c6 hoanh do6

A

am.
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Bai toan 2. Tim M thudc dwong thing d va cich duwong thing d’ mét khoiang khong
doi

C. Vi DU GOC

Trong mit phang toa do Oxy, cho dudng thing A:x+y-1=0 va duong thang
A':5x—-12y+2=0. Tim toa do diém M thudc duong théng A sao cho M cach A' moit

khoang bang 2.

A:x+y-1=0
M) :

A'5x—12y+4=0 - .
dox1oy= ALY 343

D. CAC Vi DU MO RONG

Vi du 1 (B - 2014): Trong mit phing toa dd Oxy, cho hai diem A(1;1), B(4;-3). Tim diém
C thudc dudng thang x—2y—1=0 sao cho khoang cach tir C dén duong thing 4B bang
6.

Vi du 2: Trong mit phang toa dd Oxy, cho hinh binh hanh ABCD c¢6 dién tich bang 4. Biét

A(1;0),B(0;2) va giao diém I ciia hai dudng chéo ndm trén dudng thing y = x. Tim toa

do dinh C,D.
A40) . B(7) x-y+4=0
Aty . BO2) N | A:2x-y-1=0
' L 7
.43::1):4 ' e
x-y-4=0
Dy = o AN
y=x— @ Dy NG

Vi du 3: Trong mit phang v6i hé toa dd Oxy, cho hinh vuong ABCD c6 phuong trinh
duong thang chira cac canh AB va CD lan lugt1a x—y+4=0 va x— y—4=0. Xéac dinh
toa d0 cic dinh ciia hinh vudng biét tdm cua hinh vudéng thudc dudong thang

A:2x—-y—-1=0.
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Vi du 4: Trong mit phang voi hé toa do Oxy, cho dudng thang A:x—y=0. Puong tron
(C) cobankinh R=+/10 cit A tai hai diém 4, B sao cho 4B =4+/2. Tiép tuyén cia (C)

tai 4 va B cit nhau tai mot diém thudc tia Oy . Viét phuong trinh duong tron (C).

ALy - B(%5)

() - o

x+y+3=0

o
E. BAI TAP VAN DUNG
Bai 1. Trong mit phang véi hé toa dd Oxy, cho hinh binh hanh ABCD va A(3:1),B(45).
Tam I caa hinh binh hanh thudc dudng thiang x+ y+3=0. Tim toa do cac dinh C,D biét
rang dién tich hinh binh hanh ABCD bang 9.
Bai 2 (D-2007). Trong mit phing véi hé toa d0 Oxy, cho duong tron
(C):(x=1)"+(y+2)" =9 va duong thing d:3x—4y+m=0. Tim m dé trén d c6 duy
nhat mot diém P ma tir d6 c6 thé ké dugce hai tiép tuyén PA,PB t6i (C) (4,B la céc tiép

diém) sao cho tam giac PAB déu.

d:3x—4y+m=0

P S . x+y—2=0
Bai 3. Trong mat phéng voi hé toa d0 Oxy, cho tam giac ABC can tai 4 vo1 BC = YNGR

Cac duodng thang 4B va AC lan luot di qua cac diém M (1;—%) va N (O;gj. Xac dinh
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toa do cac dinh cua tam giac ABC, biét duong cao AH c6 phuong trinh x+y—-2=0 va
diém B c6 hoanh d6 duong.

Bai 4. Trong mat phéng v6i h¢ toa do Oxy, cho hinh binh hanh ABCD c¢6 giao diém hai
dudng chéo 1a . Trung diém ctia AB 1a diém M (0;,—7) va trong tim G(5;3) clia tam gidc

ICD . Biét dién tich ABD bang 12 va A thudc duong thing A:x—y—2=0. Tim toa do

cac dinh cua hinh binh hanh ABCD.
A:x—y-2=0

ay M-

D{"?) - -'N

Bai toan 3. Tim M thudc duwdng thing d sao cho tam giac MAB la tam giac dic biét
(vudng, cin, hai canh c6 mdi quan hé vé dj dai, ....)

C. Vi DU GOC:

Vi du 1: Trong mit phang voi hé toa do Oxy, cho duong thing A:2x —y—5=0 voi hai

diem A(-2;3),B(4;1). Tim toa do diém M thudc A sao cho tam gidc MAB vuéng tai M .

_ A 2x-y-5=0
M) A .

A(“fi; 3} “BG

Vi du 2: Trong mit phang v6i hé toa d6 Oxy, cho tam gidc MAB cin tai A va dudng thing

A:x+2y+1=0. Biét B(1;-4) va I(2;-2) la trung diém cua AM va M biét A di qua

diém M va M c6 hoanh d6 1a sé nguyén.
A

.f.\x+21,+1—-0_

B(L—4) /UO x, €Z
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Vi du 3: Trong mit phing v&i hé toa d6 Oxy, cho tam gidic MAB c6 trong tim G(2;—1)
va A(L;-3). Dudng thing A:2x-y-4=0 di qua M. Tim toa d diem M va B biét

MB =5MA va M c6 hoanh d6 duong.

A 2x—y—-4=0

AT B

D. CAC Vi DU MO RONG

Vi du 1 (D — 2004): Trong mit phing toa do Oxy, cho tam giac ABC c6 cac dinh
A(-1;0),B(4;0),C(0;m) v6i m#0. Tim toa dd trong tim G cla tam giac ABC theo m.
Xac dinh m dé tam gidc GAB vuédng tai G.

A(-LO)

B&0) COm)

Vi du 2 (A, A1 — 2013 — CB): Trong mat phéng v6o1 hé toa dO0 Oxy, cho hinh chit nhat
ABCD c6 diem C thudc dudng thing d:2x+y+5=0 va A(—4;8) 1a diém dbi ximg ciia
B qua, N 1a hinh chiéu vudng goc cua B trén duong thang MD . Tim toa do cac diém B

va C,biétrang A(5;-4).

A(=4;8) B
i H/\7
P e — \C(‘?)
_ - 1vd:2x+y+5=0
NG SN

Vi du 3: Trong mit phang toa do Oxy, cho hai diém A(1;2), B(3;—4), duong thang

d:x+y—3=0. Viét phuong trinh dudng tron (C) di qua hai diém 4, B va tiép xtic v6i d .
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\ B(3;—4)
© o

d:x+y-3=0

AL
Vi du 4 (A — 2009 — CB): Trong mit phang véi hé toa d6 Oxy, cho hinh chit nhat ABCD
c6 diém 1(6;2) 1a giao diém cua hai duong chéo AC va BD. Diém M (1;5) thudc dudng
thang AB va trung diém E cta canh CD thudc duong thing A:x+ y—5=0. Viét phuong

trinh duong thang 4B .

4 MED F B O
T16:2)
D E .
Aix+y-5=0

Vi du 5: Trong mit phing v6i hé toa do Oxy, cho hinh chir nhat ABCD cb B(1;-2) va
trong diém G cta tam giac ABC nam trén duong thing d :2x—y+1=0. Trung diém CD
la diém N(-1;2). Tim toa do céc dinh 4,C,D. Biét G ¢6 hoanh do nho nhét.

A7) \ B2

G
1

— —le)
b0 we\ L O

Vi du 6.: Trong mit phang voi hé toa do Oxy, cho tam gidc ABC c6 trong tim G(2;-3)
va B(1;1), duong thing A:x—y—4=0 diqua A va dudong phan gidc trong ctia gbc A cit
BC tai diém [ sao cho dién tich tam giac /4B bang 3 dién tich tam giac IAC. Viét

phuong trinh duong thang biét 4 c6 hoanh duong.
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4 Alx—-y—4=0

/ G(2:-3)
.y
SIAB:_5' AC

Vi du 7: Trong mit phang v6i hé toa do Oxy, cho hinh chir nhat ABCD c6 dién tich bang
18, duong chéo AC ¢6 phuong trinh x+2y -9 =0, dudong thing 4B di qua diém E(5;5),

dudng thing AD di qua diém F(5;1). Tim toa d0 céc dinh 4,B,D clia hinh chit nhat biét

diém A co tung do 16n hon % va diém B c¢6 hoanh d6 16n hon 3.

\A(?) | EGS) B0

F(5:1)

Vi du 8: Trong mit phang toa dd Oxy, cho tam gidc ABC céntai 4 c6 dinh A(6;6); duong

thang ( di qua trung diém cua cac canh AB va AC c6 phuong trinh X+ —4=0_ Tim toa do

B va C biét E(1;-3) nam trén dudng cao di qua dinh C cta tam giac da cho.
- A6 6)

d:x+y-;4=0

EQ;-3) _

syt H €O
Vi du 9: Trong mit phing toa d Oxy, cho tam giac nhon ABC c6 phuong trinh dudng
trung tuyén ké tr 4 va dudng thing chta canh BC lan luot 1a 3x+5y-2=0 va
x—y—2=0.Puong thing di qua 4 vudng goc voi BC cit duong tron ngoai tiép tam giac
ABC tai diém tht hai la D(2; —2). Tim toa do cac dinh cua tam giac ABC, biét dinh b c6

hoanh d¢ khong 16m hon 1.
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A

: . x-y-2=0

B(?) M c(?

D(2;-2)
3x+5y=2=0

Vi du 10: Trong mit phing toa dd Oxy, cho hinh thang ABCD c¢6 hai day 1a 4B va CD.

Biét toa do B(3;3),C(5;-3), giao diém I cua hai duong chéo nim trén duong thang
A:2x+y—-3=0. Xac dinh toa dd con lai ctia hinh thang ABCD dé CI =2BI, tam giac

ABC c¢6 dién tich béng 12, diém I c6 hoanh do duong va diém A c6 hoanh do am.

A2x+y-3=0
A /86D

oy C(5:-3)
E. BAI TAP VAN DUNG

Bai 1. Trong mit phing toa o Oxy, cho tam gidc ABC c6 A(3;4), trong tim G(2;2), truc

tam H (?,—j . Tim tga d6 céac dinh con lai cua tam gidc ABC'.

' > C(7

Y @

Bai 2. Trong mat phéng v6i1 hé toa dO Oxy, cho hinh chit nhat ABCD c¢6 dién tich béng 30,
dudng chéo AC c6 phuong trinh 7x+4y—13=0, dudng thing AB di qua diém M (1;4),

dudng thing AD di qua diém N(—4;—1). Tim toa do cac dinh cta hinh chit nhat ABCD,

biét hai diém A, D déu c6 hoanh do am.
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~AO M@ BO)

N(E-1)

e
. Ix+4y-13=0
D(?.) S 1800 =30 \

Bai 3. Trong mit phang vé6i hé toa dd Oxy, cho tam gidc ABC ¢6 toa d¢ truc tam H (2;1)

va tam dudng tron ngoai tiép 7 (1;0). Trung diém ctia BC nam trén dudng thang c6 phuong
trinh x—2y—1=0. Tim toa do cic dinh B,C biét ring dudng tron ngoai tiép tam giac

HBC di qua diém M (6;—1) va hoanh d¢ diém B nh¢ hon 4.

M@:-1) l' -
Hinh 1 ' . Hinh 2

Bai 4. Trong mit phang toa do Oxy, cho tam gidc ABC c6 phuong trinh dudng cao ké tir
dinh 4 1a 3x—y+5=0, tryc tim H (-2;—1) va M(%;4j 1a trung diém ctia canh AB. Tim

toa do cac dinh cta tam gidc ABC, biét BC =~/10 va B ¢6 hoanh dd nhé hon hoanh do

cua C.

A()

N
M{34)

o)

c(?)

' B() Ix—-y+5=0
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Bai 5.. Cho tam giac nhon ABC, dudng thang chira trung tuyén ké tir dinh 4 va duong
thang BC lan lugt c6 phuong trinh 1a 3x+5y—-8=0 va x— y—4=0. Duong thing qua A4
vudng goc voi dudng thang BC cét duong tron ngoai tiép tam giac ABC tai diém tht hai 13
D(4;2). Viét phuong trinh cac dudng thang 4B, AC, biét ring hoanh do clia diém B khong

16n hon 3.

B\P [
D@2\ x-y-4=0

Bai 6. Trong mit phang toa d Oxy, cho tam giac nhon ABC c6 phuong trinh trung tuyén
ké tir 4 va duong thang chira canh BC lan luot 1a 3x +5y—2=0 va x—y—2=0. Puong
thang qua 4 vudng goc voi BC cit dudng tron ngoai tiép tam giac ABC tai diém tht hai 13

D(2;-2). Tim toa do cac dinh cia tam gidc ABC, biét B c6 tung do am.

Cx—y-2=0

B \g K i VLG
| D(2;2
3x+5y-2=0

Bai 7. Trong mit phiang toa 46 Oxy, cho dudng tron (T):(x—l)2 +(y+1)2 =2 va hai

diém A(0;4),B(4;0). Tim toa d¢ hai diém C,D sao cho ABCD 1a hinh thang (4B CD)
va duong tron (7)) noi tiép hinh thang do.

A0 M BGO)

(%)
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Bai toan 4. Tim M thudc dwong thiang d va thoa diéu kién cho trwéc (mé rong cia bai
toan 1, 2, 3)

Vi du (A — 2006): Trong mit phing toa d6 Oxy, cho cac dudng thing:
d:x+y+3=0;d,:x-y-y=0,d,:x-2y=0. Tim toa do diém M nam trén dudng
thang d, sao cho khoang cach tor M dén dén d, bang hai 1an khoang cach tr M d&én
duong thang d,.

D. CAC Vi DU MO RONG:

Vi du 1 (D — 2013 — NC): Trong mit phing toa do Oxy, cho dudng thang
(C):(x—l)2 +(y—1)2 =4 va duong thing A: y—3=0. Tam giac MNP c6 truc tAm trung
véi tam ctia (C), cac dinh N va P thudc A, dinh M va trung diém cua canh MN thudc

(C). Tim toa do diém P.

Vi du 2 (D — 2012 — NC): Trong mit phing véi hé toa d6 Oxy, cho dudng thing
d:2x—y+3=0. Viét phuong trinh dudng tron tdm thudc d, cit truc Ox tai A va B, cit
truc Oy tai C va D saocho AB=CD =2.

AY

/

D

AB=CD=2
7

|
y=0 2 S
4 H OL/8

C

d2x-y+3=0 *=0
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Vi du 3 (A — 2002): Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC vudng tai A4,
ot dudng thing BC 1a J3x - y—\/g =0, cac dinh 4 va B thudc truc hoanh va ban kinh
dudng tron ndi tiép bang 2. Tim toa d6 trong tAim G cta tam giac ABC.

4 ' fx—y=H=0
AC

13
Vi du 4 (B - 2007): Trong mit phang v6i hé toa o Oxy, cho diem A(2;2) va cc dudng
théng d:x+y—-2=0;d,:x+y—-8=0. Tim toa do cac diém B va C lan luot thudc d, va

d, sao cho tam giac ABC vudng can tai 4.

di:x+y-2=0

A(2:2) (2]
Vi du 5 (D — 2012 — CB): Trong mit phing véi hé toa dd Oxy, cho hinh chit nhat ABCD .

Céc duong thaing AC va BD lan luot c6 phuong trinh 13 x+3y =0 va x— y+4 =0; dudng

thang di qua BD di qua diém M (—%;1) Tim toa d¢ cac dinh cua hinh chit nhat ABCD.

4 ] B
~d : .
G . M{—-;-’-;'l\!
b M ~_ N3
DY _ Py :
x=y+4=0 €0 x+3y=0

Vi du 6. (B — 2012 — NC): Trong mit phing v6i hé toa do Oxy, cho hinh thoi ABCD cb
AC =2BD va duong tron tiép xuc véi cac canh ciia hinh thoi ¢6 phuong trinh x* + y* = 4.
Viét phuong trinh chinh tic cta elip (E) di qua cac dinh 4,B,C,D cua hinh thoi. Biét 4

thudc Ox .
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A2\ 0

Vi du 7. Trong mit phang vé&i hé toa dd Oxy, cho tam gidc ABC c6 phuong trinh dudng
thang chira dudong cao ké tir B 1a x+3y—18=0, phuong trinh dudng trung truc cua doan
BC 1a A:3x+19y-279=0, dinh C thudoc duong théng d:2x—y+5=0. Tim toa do
diém A4 biét ring BAC =135".

A:3x+19y-279=0

x+3y—18=0

B(?)
E. BAI TAP VAN DUNG
Bai 1 (A-2005): Trong mit phang v6i hé toa dd Oxy, cho hai duong thing d:x—y=0va
d,:2x+y—1=0. Tim toa d6 cac dinh ctia hinh vuong ABCD biét rang dinh A thudc d,,
dinh C thudc d,, va cac dinh B,D thudc truc hoanh.

Y I
d,:2x+y-1=0 ’

\

D()|

Bai 2: Trong mit phang v6i hé toa do Oxy, cho hai dudng thing A x=2y+3=0 va
A,:x—y-1=0. Viét phuong trinh duong tron di qua diem M (2;5), c6 tAm ndm trén

duong thang A, va cit A, tai hai diém phan biét 4, B sao cho AB = 42
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M(2:5)

< ANH B

Bai 3 (B — 2011 — CB): Trong mit phang v&i hé toa dd Oxy, cho hai duong thang
A:x—y—-4=0 va d:2x—y—-2=0. Tim toa d6 diém N thudc duong thing d sao cho
duong thing ON cit dudng thing A tai diém M thoa mdn OM.ON =8.

d: 2'(“*}"—2 -_-—0 .2
SN | A x—y—4=0
OM ON =8

N(DY
0(0:0). - M

Bai 4: Trong mit phang v6i hé toa do Oxy, cho tam gidc ABC c6 dinh A(2;1), tryc tam

H (4;-7), duong trung tuyén ké tir dinh B c6 phuong trinh 9x —5y -7 =0. Tim toa d céc

dinh B va C.
A(2:1)
y—-1=0
55 - c)

Bai 5.: Trong mat phéng v6i hé toa d§ Oxy, cho hc ABCD . Hai diém B,C thudc truc tung.
Phuong trinh duong chéo AC la 3x+4y—16=0. Xac dinh toa d§ cac dinh cua hinh chit
nhat da cho, biét ban kinh dudng tron noi tiép tam giac ACD bang 1.

3x+4y-16=0 o x=0

T A oy ﬁ@

™

D™
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Bai toan 5. Tim M dua vao hé thirc vecto
Bai toan 5.1 Tim toa d M lien hé véi hai (ba) diém cho trwéc qua mdt hé thirc vecto
MA =kMB
Bai toan 5.2 Tim toa dd hai diém M, N lan lrot thudc hai dwong thing J ,d, va lien hé
v6i diém thir ba cho truée qua hé thirc vecto
C. Vi DU GOC
Vi du: Trong mit phang toa d0 Oxy, cho tam gidc ABC véi A(1;2),B(-3;4)va
C(—l;—3). Tim toa d6 diém M trong céc trudng hop sau:
1) MA=34B
2) Tt giic ABCM 1a hinh thang day AM va MA=2BC.
B(-3%4) -  C(-L-3)

M4 =2BC
A(1:2) M)

D. CAC Vi DU MO RONG

Vi du 1. Trong mit phing toa dd Oxy, cho hinh thang 4BCD véi hai day 1a AB,CD va
CD =2AB. Goi H 1a chan duong vudng goc ha tir 4 xubng AC va M 1a trung diém
HC . Biét toa d¢ dinh B(5;6), phuong trinh duong thang DH :2x—y =0 va phuong trinh
duong thing DM :x—3y+5=0. Tim toa d6 cac dinh con lai cta hinh thang 4ABCD .

2x—-y=0
[ B&®

D(?M
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Vi du 2 (B — 2014): Trong mit phang voi hé toa d Oxy, cho hinh binh hanh 4BCD . Piém

M (-3;0) 1a trung diém ctia canh 4B, diém H (0;-1) 1a hinh chiéu vudng goc clia B trén

2 4 .
AD va diém G(§;3j la trong tam cua tam giac BCD. Tim tga d§ cac dinh B va D.

e

P B(?) C

M(-3,0y | ( Af

4 H(&-1) DC)

Vi du 3: Trong mit phang véi hé toa dd Oxy, cho hinh vuéng ABCD c¢6 A(-2;6), dinh B
thudc dudng thing d c6 phuong trinh x—2y+6=0. Goi M,N lan luot 14 hai diém trén
hai canh BC,CD sao cho BM = CN . Xac dinh toa do dinh C, biét réng AM cit BN tai

diém z(z;ﬂj .
55

jA(_zz.ﬁ) B
! 2
_ |
772183 + \d:x-2y+6=0
\$T3 T 1
M
P+

Vi du 4: Trong mit phang v6i hé toa do Oxy, cho tam gidc ABC c6 tAm dudng tron ngoai
£ 45 . 1 8) . 2, 1R (o
tiep / 5,5 , truc tAm H 5,5 va trung diém cua canh BC 1a diém M (1;1) . Xac dinh

toa do cac dinh cua tam giac ABC.
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D. CAC Vi DU MO RONG
Vi du 1: Trong mit phing v6i hé toa dd Oxy, cho hinh thang ABCD vuéng tai 4 va D,
CD=24B, dinh B(8;4). Dinh B(8;4). Pudng chéo AC di qua diém M(4;12) va dudng

thfmg chtta canh AD c¢6 phuong trinh x—y+2=0. Tim toa do A, C, D.

M312) (xTy+2=0
A BG4

e

D@) ‘ CD=2A4B

Vi du 2: Trong mit phang voi hé toa dd Oxy, cho tam giac ABC c6 trong tAm thudc dudng

thang A:x+2y—3=0. Duong thing di qua 4 va B c6 phuong trinh x+2y-3=0. Tim

toa dd A va B biét AB=+/5, C(-1—-1) va hoanh do cua A 16n hon hoanh d6 cua B.
x+2y-3=0

4 Ax+y=2=0

BT TS 01

% (-1-1)
Vi du 3: Trong mit phing v6i hé toa dd Oxy, cho hinh chit nhat ABCD c6 diém 4(5;-7),
diém C thudc duong thing co phuong trinh x— y+4 =0. Pudng thang di qua D va trung

diém cua doan théng AB c¢6 phuong trinh 3x—-4y—-23=0. Tim toa d0 cia B va C, biét

diém B c6 tung d6 duong.
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3x-4y-23=0
A5-n M/  BO)
2

N x—y+4=0

i
D —J O

Vi du 4: Trong mat phéng toa d§ Oxy, tim toa d0 cac dinh con lai cua tam gidc ABC biét
A(5;2) , phuong trinh dudng trung truc BC, duong trung tuyén CD lan lugt co phuong
trinhla x—3y+1=0 va 4x-3y-16=0.

O AGD 3pam0
D

L
T

O

. 1
B M
Vi du 5: Trong mit phang toa d6 Oxy, cho tam gidc ABC. Biét trung tuyén ké tir A4 va
dudng cao ké tir B 1an lugt c6 phuong trinh x+3y+1=0 va x—y+1=0. Biét M (-1;2)
la trung diém cta AB . Tim toa do diém C.

A x—y41=0

M(-1,2)

. n - u LT, C .
CBO T VN yeico (‘_’)'
Vi du 6.: Trong mit phang toa 0 Oxy, cho hinh chit nhat ABCD c6 diém M nim trén
canh BC sao cho MC =2MB, trén tia ddi cua tia DC léy diém N sao cho NC=2ND.
Dinh D(1;-3) va diém 4 nam trén dudng thing 3x—y+9 = 0. Phuong trinh duong thang

MN :4x -3y —-3=0. Xac dinh toa d0 cac dinh con lai cia hinh chit nhat ABCD.
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4x-3y-3=0

B(7) _\M c(?)

A() E = D(1;-3)

Ix-y+9=0

N
Vi du 7: Trong mit phang toa dd Oxy, cho tam gidc ABC c6 dudng cao AH (AH € BC)
va BC=3BH. Dudong tron ngoai tiép tam gidc ABH cb phuong trinh
(T):x*+y*—4x-2y =0, dudng thing AC:x—y+2=0. Tim toa do cac dinh cia tam
giac ABC, biét 4 c6 hoanh d6 duong.

N . _ C(?
BNS—_—H ®)
E. BAI TAP VAN DUNG:
Bai 1: Trong mit phiang voi hé toa dd Oxy, cho hinh vuéng ABCD . Goi M 1a trung diém
— L 1 : 2
cua canh BC,N (—%,%) la di€m trén canh AC sao cho AN = ZAC va giao diém cua AC

va DM la [ (l;gj. Xac dinh toa d§ cac dinh ctua hinh vuéng ABCD biét B c6 hoanh d6

duong.
A B
N N H
4 M
I
D C
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Bai 2: Trong mit phang v&i hé toa dd Oxy, cho tam gidc ABC, biét phuong trinh céc

duong thing AB, AC lan luot 1a x+y+3=0 va 2x—y—2=0. Biét trung diém cta canh

BC laM (—%,%) . Hay viét phuong trinh duong thang BC .

2x—y-2=0 x+y+3=0

Bai 3: Trong mat phéng v6i1 hé toa dO Oxy, cho hinh binh hanh 4ABCD c¢6 G la trong tam
clia clia tam giac BCD, phuong trinh dudong thing DG 1a 2x—y+1=0, phuong trinh
dudng thing BD 1a 5x—3y+2=0 va diém C(0;2). Tim toa d¢ c4c dinh con lai cia hinh
binh hanh ABCD .

.4(?). - S B(Q}f Sx-3y+2=0

- 2x—yel=0

D(?) C(0:2)
Bai 4: Trong mit phing toa o Oxy, cho tam gidc ABC c6 dinh A(-2;3), dudng cao CH
nim trén duong thing 2x+y—7=0 va dudng trung tuyén BM nim trén duong thing

2x—y+2=0.Tim toa d cac dinh con lai cua tam gidc ABC.

o)

2x—y+1=0

A(=2;3)

Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com Page 62




Bai 5.: Trong mit phing toa d0 Oxy, cho hai duong thing d :3x-y-5=0,
d,:x+y—4=0 va diem M (1;1). Viét phuong trinh duong thing d di qua M va cit
d,,d, lan lugt tai 4, B sao cho 2MA =3MB . (Khong hinh)

Bai 6: Trong mit phing vé6i hé toa d6 Oxy, cho hinh vudéng ABCD, diém C(3;-3) va

diém A thudc duong thang B. Goi M 1a trung diém cua BC, duong thing DM cd
phuong trinh x — y—2 =0. Xéc dinh tga dd cac dinh con lai ctia hinh vuong ABCD .

| d:3x+y-2=0
Aanl  BO
D C(3;-3)

Bai 7: Trong mat phéng v6i h¢ toa do Oxy . Tim toa dJ cac dinh cua tam giac ABC biét
trye tim H (1;0), chan duong cao ha tir dinh B 1a K(0;2), trung diém canh 4B 1a diém
M (3;1).

30

MGD) /(GO

ce)

ARy K(0:2)
Bai 8: Trong mit phang voi hé toa do Oxy, cho tam giac ABC c6 phuong trinh dudng

trung tuyén BN va duong cao AH lin lugt c6 phuong trinh 3x+5y+1=0 va
8x—y—5=0. Xac dinh toa d0 cac dinh cia tam gidc ABC, biét M(—l;—%j la trung diém

cua canh BC.
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40

3x+35y+1=0

1 i U
o

30 # “ M(-l 3 J o
8x-y~5=0

Bai 9: Trong mit phing voi hé toa dd Oxy, c6 hinh thang vudng ABCD ¢ B=C =90".
Phuong trinh cac duong thang AC va DC lan luot1a x+2y =0 va x—y—3=0. Xac dinh

toa do cac dinh cta hinh thang ABCD biét trung diém cua canh 4D 13 M (—3;—3j

i
B(?) A(q)/ X+2y=0
| | 7 3 3Y
‘lfi\ 37
x=y-3=0
R —C

Bai 10: Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 dinh A4(3;3) va 1(2;1)

1a tim duong tron ngoai tiép. Pudng phan gidc trong ctia goc nhon A c6 phwong trinh

x—y=0.Tim toa d cac dinh con lai ctia tam giac ABC, biét BC = % .

Bai 11: Trong mit phang v6i hé toa do Oxy, cho tam gidc ABC vudng cén tai dinh A
BM 1a duong trung tuyén. Ké tir dudng thang qua 4 vudng géc véi BM cit BC tai

E(2;1), trong tam tam gidc ABC 1a G(2;2). Xac dinh toa dd cac dinh con lai cua tam giac
ABC.

Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com

Page 64



)

1 E
M
+ /e
A®) ¥ B(?)

Bai 12: Trong mit phang v6i hé toa 46 Oxy, cho hinh thang ABCD véi day 16n AD va
AD =2BC, dinh B(4;0), phuong trinh dudng chéo AC:2x—y—-3=0, trung diém E cua
AD thudc duong thing A:x—-2y+10=0. Tim toa do cac dinh con lai cta hinh thang

ABCD , biét cot ADC = 2.

B0  cpy Fyis0

A x=2y=+10=0

cowﬁ =2\
A() 5 1 — D(?)

Bai 13: Trong mit phing véi hé toa o Oxy, cho elip (E) :%2+y2 =1, diém M(%,%)
Viét phuong trinh duong thang A qua M cit E tai hai diém 4, B sao cho M4 =2MB.
(Khong hinh).

Bai 14: Trong mat phéng v6i1 hé toa do Oxy, cho hinh chit nhat ABCD cé A(S;—7) , M la
diém sao cho 3MA +MB =0. Piém C thudc duong thang d :x — y+4=0. Pudng thang di
qua DM c6 phuong trinh 7x—6y—57 =0. Tim toa do cac dinh cta tam giac BCD biét
diém B c6 hoanh do am.

as=n  w/ B0

T
‘ d:x-y-4=0

D() - ey
Bai 15: Trong mat phéng v6i1 hé toa o Oxy, cho hinh binh hanh ABCD c6 giao diém hai

dudng chéo 1a . Trung diém ctia AB 1a diém M (0;—7) va trong tim G(5;3) clia tam gidc
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ICD . Biét dién tich ABD bang 12 va A thudc duong thing A:x—y—2=0. Tim toa do
cac dinh cua hinh binh hanh ABCD .

Aix—y=-2=0

an MO

B()

o®) N c®

Bai toan 6. Viét phwong trinh duong thing

TRUONG HQP 1. Bai toian khong cho vecto phap tuyén (hoic vecto chi phuwong)

Bai toan 6.1 Viét phwong trinh dwong thang d di qua 1 diém, cich mét diém cho truée
mét khoang khong doi

C. Vi DU GOC

Vi du: Trong mit phang toa d¢ Oxy, cho hai diém M (1;4) va N(2;1). Lap phuong trinh
duong thang A di qua M sao cho khoang cach tir N t&i dudng thang A bang 1.

N2

| h
M@1:4) L A

D. CAC Vi DU MO RONG

Vi du 1: Trong mit phang toa 4 Oxy, cho dudng tron (C):x” +)° —4x—8y—5=0. Viét
phuong trinh A di qua diém M (5;2) va cit duong tron (C) tai hai diém 4,B sao cho

AB=52.

dAME2 /) A

A!/B.

_ AB=512
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Vi du 2 (Khoi A, A1 — 2014): Trong mat phang vi hé toa d6 Oxy, cho hinh vuong ABCD
co diém M 1a trung diém cta doan 4B va N 1a diém thudc doan AC sao cho AN =3NC.
Viét phuong trinh duong thang CD, biét rang M (1;2) va N(2;-1).

MQ;2
p 1;2)
AN=3NC
Im N&-1)
D H m . "E c

Vi du 3: Trong mit phing voi hé toa d6 Oxy, cho duong tron
(T):x*+y*—6x+2y+6=0, vadiem 4(1;3). Viét phuong trinh duong thang di qua 4 va

ct (T) tai B va C sao cho AB=BC.

A(D)

A1:3) BWC
Vi du 4: Trong mit phang v6i hé toa d6 Oxy, cho dudng tron (T):(x—l)2 +(y—2)2 =5

ngoai tiép tam giac déu ABC. Puong thing BC di qua diém M (%;2). Hay xac dinh toa

do diém 4.

Vi du 5: Trong mit phang voi hé toa do Oxy, cho hinh vuéng ABCD c6 diém A(-2;3).

Diém M (4;—1) ndm trén canh BC, duong thing AM cit dudng thang DC tai diém
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N(7;-3). Xac dinh toa do cac dinh con lai ctia hinh vuéng ABCD biét C c¢6 hoanh d¢

nguyén.
A(-2:3) B(?)
M(4-1)
D) o) N(7;-3)

Vi du 6.: Trong mit phang véi hé toa dd6 Oxy, cho dudng thing A:x+y—2=0 va diém
M (3;0). Duong thang A' qua M cdt dudng thang A tai 4. Goi H 1a hinh chiéu vuéng

goc ciia A 1én truc  Ox. Viét phuong trinh dudng thaing A', biét khoang cach tir H dén A’

bang

2
=

A

_ 'Oxi"y=0

Vi du 7: Trong mit phang v6i hé toa d0 Oxy, cho hinh thang ABCD vuéng & dinh 4 ¢6
dién tich bang 50, dinh C(2;-5), AD=3BC. Biét dudng thing 4B di qua diém
M (—%;2) , dudng thang 4D di qua diém N(-3;5). Viét phuong trinh dudng thang AB

khong song song vdi cac truc toa do.
™

Cc@:-5)

A :
. N(-3:5)

BAI TOAN 6.2. Viét phwong trinh duong thing A di qua mét diém, tao véi duong

thang cho trwéc mdt goc khong doi.
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C. Vi DU GOC

Vi du: Trong mit phing véi hé toa d6 Oxy, cho dudng thing A' di qua M va tao véi
duong thing A mot goc 45°.

A 2x+3y+1=0

Nl A%
1 MG

D. CAC Vi DU MO RONG
Vi du 1: Trong mit phang v6i hé toa dd Oxy, cho tam gidac ABC cin tai A can tai 4,
phuong trinh duong thang AB va BC lan lugt 1a x+2y—5=0 va 3x—y+7=0. Viét

phuong trinh duong thang AC, biét AC di qua diém F(1;-3).

A A

\Fa-3 - _Ef |
! C 3x-y+7=0 'B/ H.,' \C’ 3x—y+7=0

x+2y-5=0 |
Vidu 2 (D - 2012 — CB): Trong mat phéng vo1 hé toa d0 Oxy, cho hinh chit nhat ABCD .

Céc duong thing AC va AD lan luot 1a x+3y=0 va x—y+4=0; duong thang BD di

qua diém M (—%;lj. Tim toa do cac dinh cia hinh chir nhat ABCD .

,X+3y=0
BN Vs
1€
vi_lh
I M-
M
|/ \|  x—3+4=0
AT DY)
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Vi du 3: Trong mit phing v6i hé toa dd Oxy, cho hai duong thang
d :2x—y+5=0,d,:3x+6y—7=0. Lap phuong trinh duong thing di qua diem M (2;-1)
sao cho duong thing d6 cit hai dudng thang d, va d, tao ra mot tam gidc can tai dinh la
giao diém ctia d, va d, .

d:2x-y+5=0

,aﬁa\\

T M@E-)
: d, 3x+6y—7=0
i N

Vi du 4: Trong mit phang v6i hé toa d6 Oxy, cho tam giac ABC vuéng tai 4 va I 1a

trung diém cia BC. Goi M (%;—4) la trung diém cia /B va N thudc doan IC sao cho

NC =2NI . Biét phuong trinh dudng thing AN 13 x—y—-2=0 va diém N co toa do

nguyén. Tim toa d§ cac dinh cua tam giac ABC.

)

c®

Vi du 5: Trong mit phang v6i hé toa 46 Oxy, cho hinh vuéng ABCD . Piém M (%,%) la

trung diém cia AB.Piém N nam trén doan AC sao cho AN =3NC . Tim toa do diém 4
biét phuwong trinh duong thing DN 13 2x—y—-9=0 va 4 c6 hoanh d6 nho hon 2.

£2 9N
TSR
A C2UE
Ny | —r2xm3-9=0
; a4
D =—l¢
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Vi du 6.: Trong mit phang véi hé toa do Oxy, cho hinh chit nhat ABCD c6 A4(0;2). Goi

H 14 hinh chiéu vudéng goc ciia B 1én AC. Trén tia di cia BH lay diém E sao cho
BE = AC . Biét phuong trinh dudng thang DE :x -y =0. Tim toa d6 dinh C cta hinh chi

nhat, biét B ¢o tung d6 duong D khong tring véi gbe toa do.

" F ‘R

x-y=0 1
A0:2) - /3

H :
D (N

Vi du 7: Trong mit phing véi hé toa do Oxy, cho hinh thoi ABCD c6 tam I(3;3) va
2 4 R . 2 . .2 13 n \ N
AC =2BD. biém M 2;5 thudc duong thang AB va diém N 3;? thudc duong thang

CD . Viét phuong trinh duong chéo BD .
®

Vi du 8: Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC vudng tai 4. Goi M 1a
diém trén canh AC sao cho AB=3A4M . Pudng tron tim /(1;—1) duong kinh CM cit

BM tai D va duong thang di qua hai diém C,D c6 phuong trinh x—3y —6=0. Xac dinh
toa do cac dinh cua tam giac ABC biét phuong trinh dudng thang BC di qua N (g;Oj va

diém C c6 hoanh d6 duong.
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Vi du 9: Trong mit phang voi hé toa dd Oxy, cho hinh vudéng ABCD . Goi E 14 trung diém
\ 11 2) .. .. L, . . 3 6) ., 2 ,
cua AD,H ?;—g l1a hinh chiéu cia B 1én CE va M g;—g la trung di€ém cua doan

BH . Xéc dinh toa do cac dinh cua hinh vuéng ABCD, biét A4 c6 hoanh do am.

rF
A7) B(?)
| - 36
E 4 M 3’="5)
1. 2
T ¥ #(3:-3)
D(?) c(?)

Vi du 10: Trong mit phang voi hé toa dd Oxy, cho hinh binh hanh ABCD c¢6 dinh
B(-7;0). Mot diém M nam trong hinh binh hanh sao cho MAB = MCB . Phuong trinh
duong thang chita MB,MC lanlugtla A :x+y—2=0; A, :2x—y—1=0. Tim toa do dinh
A, biét ring dinh 4 thudc dudng thing d: y =3x va 4 c6 hoanh do nguyén.

A

E. BAI TAP VAN DUNG
Bai 1. Trong mit phang toa dd Oxy, cho hinh vuéng ABCD ngoai tiép dudng tron (T) ¢

phuong trinh (x— 2)2 +(y —3)2 =10. Xac dinh toa d6 cac dinh cta hinh vudng, biét duong

thang chita canh 4B di qua diém M (-3;-2)va diém 4c6 hoanh do duong.
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Bai 2.(A-2009-NC). Trong mit phing toa dd Oxy, cho dudng tron

(C):x*+y*+4x+4y+6=0 va duong thing A:x+my—2m+3=0, véi m 1a tham so
thuc. Goi / 1a tam cua duong tron (C), Tim m dé Acét (C) tai hai diém phan biét Ava B
Sao cho dién tich tam 4B 16n nhét. (khong hinh)

Bai 3. Trong mit phang toa 46 Oxy, cho dudng tron (C) :(x—l)2 +(y—2)2 =5va diém
M (6;2). Chimg minh ring M nim ngoai dudng tron va viét phuong trinh duong thang

Adiqua M vacit (C) tai hai diém 4, B sao cho MA* + MB* =50.

AO)

M6 JWB

Bai 4. Trong mit phang toa do Oxy, cho dudng tron (C):(x—l)2 +(y+1)2 =16 co tam
Iva diém A<1+\/§;2). Viét phuong trinh dudng thang Adi qua 4 cit (C)tai hai diém
B,C phan biét sao cho tam giac /BC nhon ddng thoi co dién tich bang 43 (Khong hinh)
Bai 5.. Trong mat phéng toa do0 Oxy, cho mat phéng voi1 h¢ toa Oxy, cho dudong tron
(C):x*+y* =233y ~1=0 c6 tam [ va diém A4(2;0). Viét phuong trinh duong thing A di
qua diém A cit duong tron (C) tai hai diém B,C sao cho tam giac /BC nhon va c6 dién
tich /3. (Khong hinh)

Bai 6. Trong mit phing toa o Oxy, cho dudng tron (C):x* +)y* —4x+2y—15=0 c6 tm.
dudng thing A di qua M (1;-3) va cit (C)tai hai diém 4,B. Lap phuong trinh dudng

thang A, biét dién tich tam giac I4B bang 8 va 4B 13 canh 16n nhit tam giac 4B .
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1 a0

ANFLE
Bai 7. Trong mit phing toa d6 Oxy, cho dudng trong (T ) c6 phuong trinh
x> +3’—6x+2y—6=0 vadiém A(3;3). Lap phuong trinh dudng thang Adi qua 4 va cit
(T ) tai hai diém sao cho khoang cach gifta hai diém d6 bang d6 dai canh cua hinh vuéng
ndi tiép duong tron (7).

D : C

4
1G:—-D
. ACY)
AG:3) O H B

Bai 8. Trong mat phéng v6i hé truc toa d§ Oxy, cho tam giac ABC déu. bPuong tron ndi
tiép tam giac ABC c6 phuong trinh (T) :(x—4)2 +(y—2)2 =5, duong thang BC di qua

diém M(%Q) Tim toa do diém 4.

A7) A

36 e ' C

Bai 9. Trong mat phéng vol hé truc toa do0 Oxy, cho hinh vuong ABCD. Céc

[ ] V)

\.
2]
J

diemM (-2;2),N(4;2),0(0;-2) lan lugt thudc céc dudong thing AB,BC,CD,DA. Xac
dinh toa do cac dinh ctia hinh vuéng ABCD .
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A7)y M(E2:2) BO)

oo V@D

D)=

o5 D

Bai 10. Trong mit phang véi hé truc toa dd Oxy, cho hinh vuéng ABCD c6 dinh A(1;3).

Biét diém M (6;4)thudc canh BC va N (%,%j thuoc duong DC. Tim toa do cac dinh

con lai ciia hinh vuéng ABCD . (Khong hinh)
Bai 11. Trong mat phéng v6i hé truc toa d§0 Oxy, cho hinh thang can ABCD c6 hai day
AB,CDva hai dudng chéo ACva BD vudng goc voi nhau. Biét A4(0;3),B(3;4)va diém C
thudc truc hoanh. Tim toa do dinh D cua hinh thang ABCD .

A(Q; 3) B@3:4)

D) CeOx

Bai 12. Tong mit phang toa d0 Oxy, cho tam gidc ABC vuédng tai A. Biét phuong trinh
canh BCla d:x+7y—-31=0 diém N(7;7) thudc duong thing AC, diem M (2;-3) thudc
duong thing 4B .Tim toa d6 cac dinh cua tam gidc ABC .

C

N x+73-31=0

-

~ B
4 ye-3

Bai 13. Trong mit phing toa dd6 Oxy, cho tam gidc ABC cén tai A c6 phuong trinh hai

canh AB va AC lan luot1d x+2y—-2=0va 2x+y+1=0, diémM(l;2) thuoc doan BC .Tim
toa d6 diém D sao cho DB.DC c6 gi4 tri nho nhat. (Khong hinh)
Bai 14. Trong mat phéng toa d0 Oxy, cho tam giac 4ABC can tai 4, canh BC nam trén

duong thang c6 phuong trinh x+2y—2=0. Pudng cao ké tir B c6 phuong trinh x—y+4=0

Néu ban can loi gidi xin lién hé email: tailieutoan2015vi@gmail.com Page 75




, diém M (-1,0) thudc duong cao ké tir dinh C. Xac dinh toa d§ cac dinh cua tam gidc

ABC.

A

x—y+4=0

M(-L0) x+2y-2=0

B(?) c(?)

Bai 15. Trong mit phang toa do Oxy, cho tam gidc ABC vudng can tai 4, phuong trinh

BC:2x—y-7=0, dudng thang ACdi qua diém M(-L1) diém 4 nidm trén duong

thang A:x—4y+6=0. Tim toa do cac dinh ctia tam gidc ABC, biét ring dinh 4 c6 hoanh do

duong.
B
A:x-4y+6=ﬁ 9y y—T =0
\ =X=)
NN
A(?) ML) )

Bai 16. Trong mat phéng toa do Oxy, cho tam gidc ABC can tai 4 Puong théng AB va
BC lan lugt c6 phuong trinh 7x+6y—24=0 va x—2y—2=0. Viét phuong trinh dudng cao
ké tor B cua tam gidc ABC. (Khong hinh)

Bai 17. Trong mit phiang toa do Oxy, cho hinh chit nhit ABCD c¢6 phuong trinh dudng
thang AB:x-2y+1=0, phuong trinh duong thing BD:-7y+14=0, dudong thing AC di
qua diém M (2;1).Tim toa do cac dinh cta hinh chit nhat. (Khong hinh)

Bai 18. Trong mit phang toa do Oxy, cho dudng tron (C):x*+y’ —2x+2y-8=0..Lap
phuong trinh tiép tuyén A cta (C) biét tiép tuyén tao véi A" mot goc bang4s’. Biét dudng

thang A':4x+2y—-11=0.
Adx+2y-11=0

A()

~
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Bai 19. Trong mit phing toa d6 Oxy, cho hinh vudéng ABCD c6 dinh 4 thudc dudng thang
A:x-y-4=0, dudng thing BC di qua diém M (4;0), duong thang CD di qua diém

N(0:2) . Biét tam gidc AMN cAn tai 4.Viét phuong trinh duong thing BC.
g p g g g

Ax—=y-4=0
y
= 5
\\\%
T o)
yd
P
S
/
P No

Bai 20.Trong mit phing toa do Oxy, viét phuong trinh dudng thiang A tiép xtc véi dudng
tron(C,):(x—1)" +»* :% va cit duong tron (C,) :(x—2)2 +(y—2)2 =4 tai hai diém M,N sao

cho MN =22.

A7)

Bai 21. Trong mat phéng toa dd Oxy, cho mat phéng toa dd Oxy, cho hinh chit nhat 4BCD
co dién tich béng 16, cac duong théng AB,BC,CD,DA lan lugt di qua cac diém

M (4;5),N(6;5),P(52),0(2:1). Viét phuong trinh duong thang 4B .

A4 M&S B (O
T }
S e =16 N(6.3)
o1 =
D C

P(5:2)

Bai 22. Trong mit phing toa dd Oxy, cho duong tron (C,):x’+)* =13, dudng tron
(C,):(x-6)" +»* =25. Goi giao diém c6 tung dd duong cua (C,) va (C,) 1a A. Viét phuong

trinh dudng thing A di qua 4, cic (C,) va (C,) theo hai day cung c6 do dai bang nhau.
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I

0
g \J x A0)
MMWN

Bai 23. Trong mit phing toa dd Oxy. Viét phuong trinh bon canh cua hinh vudng khéng

song song voi cac truc toa d6 c6 tim Ova hai canh ké 1an lugt di qua M (-,2)va N(3;-1).

. MER)
A - B
\ NG-1)
+ |
O
D ‘C

Bai 24. Trong mat phéng toa do Oxy, cho hinh thang ABCD v&i day l6n 4D va AD =2BC,
dinh B(4;0), phuong trinh dudng chéo AC:2x-y-3=0, trung diém E ciia 4D thudc

duong théng A:=2y+10=0. Tim toa do cdc dinh con lai cia hinh thang ABCD, biét

cotADC=2.
i- iy EX“}-""3EU
B ) S
Ax=2y-10=0
cotADC =2 )

Bai 25. Trong mit phing toa dd Oxy, cho dudng tron (C):x* +y* —2x+2y-23=0 va diém
M (7;3). Viét phuong trinh duong thing qua M cit (C) tai hai diém phan bigt 4, Bsao cho

MA=3MB.
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Bai 26. Trong mit phing toa d Oxy, cho tam gidc ABC c6 A(-1;-3), B(51). Piém M

nam trén doan théng BC sao cho MC =2MB . Tim toa d6 diém C biét réng MA=AC=5 va

duong thang BC c6 hé sé goc 1a mot sb nguyén.

BEH M UC@

TRUONG HQP 2. Bai toin cho vecto phap tuyén (hoic vecto chi phuwong)
Bai toan 6.3 Viét phwong trinh dwdng thing d biét phwong ciia dwdng thing va d cach
diém cho trwéc mot khoiang khong doi

Vi du : Trong mit phing toa d6 Oxy. Viét phuong trinh duong thing A c6 vecto phap
tuyén n =(3;-4) va cach diém M (2;3) mot khoang bang 1.

Vi du 1: Trong mit phing toa do Oxy, cho dudng tron (7):x” +)’ —9x—y+18=0 va cach
hai diém A4(1;4),B(-13). Goi C,D 1a hai diém thudc (T) sao cho ABCD 14 hinh binh hanh.

Viét phuong trinh duong thang CD.

Vi du 2: Trong mit phang toa dd Oxy, cho tam gidc ABC biét duong ccao ha tir dinh 4 co

phuong trinh x+2y-2=0, khoang cach tir tim 7(0;2) ctia dudng tron ngoai tiép tam gidc
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ABC dén duong thing BC bang 245, duong thing di qua dinh B c6 phuong trinh

x+y—1=0. Tim toa d§ cac dinh cua tam gidc ABC, biét 4,B déu co toa do nguyén.

A()

ILZ«E

=]

B\ )

x+2_}"‘2=0
Vi du 3: Trong mit phing toa d6 Oxy, cho hai dudng tron (Cl):(x—l)2+(y+2)2 =5va
(C,):(x+1) +(y+3) =9. Viét phuong trinh dudng thang A tiép xtic v6i (C,) va cat (C,)

tai hai diém A4, B sao cho AB=4.

Bai toan 6.4 Viét phwong trinh dwong thiang d biét phwong ciia dwong thing va thoa
mén diéu kién cho truéc

Vi du : Trong mit phang toa dd Oxy. Viét phuong trinh duong thing A c6 vecto phéap tuyé
n=(1;2) va cat duong thang A’ c6 phuong trinh x-3y+2=0 tai diém M sao cho OM =+/2 .
D. Cac vi du mé rong

Vi du 1: Trong mit phang toa 40 Oxy, cho hai diém A(-1;2), B(4-3). Viét phuong trinh
duong thing A vudng géc voi dudng thang A', dong thoi khoang cach tir B dén duong
thang A bang ba lan khoang cach tr 4 dén duong thing A. Biét dudng thing
A 3x-5y+2=0.
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lr 3 L] A(?)

A(-1;2

Vi du 2: Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh A4(4;3), dudng phan

giac trong goc A c6 phuong trinh x—y—1=0 va tim duong tron ngoai tiép tam giac ABC

la 7 (2;%). Viét phuong trinh canh BC, biét dién tich tam gidc 4BC bang hai lan dién tich

tam giac IBC.
A(4:3)

Vi du 3 (D-2011-NC). Trong mit phing toa dd Oxy, cho diém A(1;0) va duong tron
(C):x* +)* —2x+4y-5=0. Viét phuong trinh dudng thing A cit (C) tai hai diém M va

N sao cho tam gidc AMN vudng can tai 4.

1
‘ ! . A()
IW\:

Vi du 4. Trong mit phiang toa dd Oxy, cho hinh thang OABC (OA//BC) ¢6 dién ticha bang

“

6, dinh A(-1;2). binh B, C lan luot thudc cac duong théng d:x+y+1=0,d,:3x+y+2=0.

Tim toa do cac dinh B, C.
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dy:x+y=1=0

A B(?

) /B0

E. BAI TAP VAN DUNG

Bai 1. Trong mit phang toa do Oxy, cho dudng tron (C):x’+)’—4+2y-4=0. Viét

phuong trinh c4c tiép tuyén A ctia (C) biét rang tiép tuyén hé s goc bang 1. (Khong hinh)
Bai 2. Trong mit phing toa dd Oxy, cho dudng tron (C):x” +y* =1. Duong tron (C) tam

1(2;2) cat (C) tai diém 4, B sao cho 4B =+/2. Viét phuong trinh duong thang AB.

Bai 3. Trong mit phing toa do Oxy, cho dudng tron (Cz):(x—1)2+(y—l)2:16 va
(C,):(x—2)" +(y+1)" =25. Viét phuong trinh dudng thang A cat (C,)tai hai diém 4 va B,

cat (C,) tai hai diém C va D théamin 4B =27 va CD=8.

')

_x{\WD
Bai 4. Trong mit phing toa ddOxy, cho tam gidc ABC c6 dinh 4(3;3) va I(2;1) la tim
dudng tron ngoai tié. Puong phan giac trong cta gbc nhon A cd phuong trinh x—y =0.

85
5

Tim toa d0 cac dinh con lai ciia tam giac ABC, biét BC =
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x—y=0

Bai 5. Trong mit phiang toa do Oxy, cho dudng tron (C):x* +y’ —2x+4y—-5=0 va diém
A(1;0). Goi M, N 1a hai diém trén duong tron (C) sao cho tam gidc AMN vudng can tai 4.

Viét phuong trinh dudng thang MN .
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Bai toan 7. Tim diém dwa vao trung tuyén, dwong cao, trung tryc trong tam giac.
Vi du: Trong mit phing toa dd Oxy, cho tam gidc ABC c6 truc tim H (2;0), phuong trinh
duong trung tuyén CM :3x+7y—8=0, phuong trinh dudng trung truc cia BC 1a x—3=0.

Tim toa d6 dinh 4.

Ix+7y—-8=0

Vi du 1. Trong mit phing toa dd Oxy, cho tam gidc ABC, biét A(1;6) va hai dudng trung

tuyén nam trén hai duong thing c6 phuong trinh 14 x—2y+1=0 va 3x—y—2=0. Tim toa

dd cac dinh con lai cua tam gidc ABC.
A(1;6)

B(7) - )
Vi du 2 Trong mit phang toa dd Oxy, cho tam giac ABC c6 dinh 4(-1;2). Trung tuyén
CM (M € AB) va dudng cao BH (H € AC) lan lugt c6 phuong trinh 5x+7x-20=0 v
5x—2y—4=0. Viét phuong trinh cic canh BC.

A(-L2) Sx-2y-4=0

2X -

B @) ¢
Vi du 3 Trong mit phing toa d6 Oxy, cho tam gidc ABC cantai 4 va M la trung diém cia

AB . Pudng thing CM cb phuong trinh y-3=0 va K (—%,gj la trong tam cua tam gidc

AMC . Tim toa d6 cac dinh ctia tam gidc ABC, biét duong cao xuit phat tir dinh 4 cta tam

giac ABC co6 phuong trinh x+y-2=0.
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v \

B C
Vi du 4 Trong mat phéng toa d0 Oxy. Tim toa d§ cac dinh cua tam gidc ABC biét truc tAm
H(1;0), chan duong cao ha tir dinh B 1a K(0;2), trung diém canh 4B 1a diém M (31).

B(?)

1) H(L0)

M3
A(?) Ig(ﬁ; 2) ¢

Vi du 5 (D-2009-CB) Trong mit phang toa dd Oxy, cho tam gidc ABC ¢6 M (2;0) 1a trung

diém cta canh 4B . Puong trung tuyén va dudng cao qua dinh 4 lan luot c6 phuong trinh
1a 7x—2y-3=0 va 6x—y—4=0. Viét phuong trinh dudng thiang AC .
A

ﬁﬁi;VZi
B M- c

6x—y-4=0  7Ix-2y-3=0

Vi du 6. Trong mit phang toa dd Oxy, cho hinh binh hanh ABCD c¢6 G la trong tAm cia
tam giac BCD, phuong trinh duong thing DG 1a 2x-y+1=0, phuong trinh dudng thing
BD 1a 5x—y+2=0 va diém C (0;2). Tim toa do cac dinh con lai cia hinh binh hanh
ABCD.
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A(”) B(q)ﬂ S5x— 3y+ 2=0

2x—y+1=0

() - C(0;2)
Vi du 7 Trong mit phang toa dd Oxy, cho tam gidc ABC c6 phuong trinh dudng trung

tuyén BN va duong cao AH lan luot c6 phuong trinh 3x+5y+1=0 va 8x—y-5=0. Xéc

dinh toa do cac dinh ctia tam giac ABC, biét M (—l;—%] la trung diém cua canh BC.

A(?)

LU

BC) M *1;:_%) ¢
8x-y-5=0 ~ 2
Vi du 8 Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dién tich bang 24 va phuong
trinh cac duong trung tuyén ké tir cac dinh A4,B,C lan lugt 1a A :x—y+2=0,
A,:x+3y-10=0. Tim toa do 4,B,C.
A?)

A ' ?
B(?) M \ c(?)
Apx-y+2=0

Vi du 9 Trong mit phang toa dd Oxy, cho tam gidc ABC c6 A(3;4), trong tam G(2;2), truc

b

tam H (%?j . Tim tga d§ céac dinh con lai ciia tam gidc 4BC.
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A(3:4)

— C{7?
B(?) M @
Vi du 10 Trong mit phing toa dd Oxy, cho tamgiasc ABC c6 dinh A(2;1), tryc tdm
H (14;~7), dudng trung tuyén ké tir dinh B c6 phuong trinh 9x—5y—7=0. Tim toa do céc

dinh B va C.
A1)

9x—5y—7=0

B() 7

E. BAI TAP VAN DUNG

Bai 1 Trong mit phang toa dd Oxy, cho tam gidc ABC c6 dinh A(-1;-3), hai duong cao
BH va CK lan luot ¢ phuong trinh 5x+3y-25=0 va 3x+8y—12=0. Hay xac dinh toa do
cac dinh B va C.

B()  3x+ 8y-12=0

S5x+3y-25=0

Bai 2 Trong mit phang toa dd Oxy, cho hinh binh hanh 4BCD c6 dinh A(3;4), C(&1). Goi
M 1a trung diém cua BC, E la giao diém ctia BC va AM . Xac dinh toa d6 cac dinh con lai

cta hinh binh hanh biét rang E(5;2).
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(?)

B(D C(S; I)

Bai 3. Trong mat phéng toa d0 Oxy, cho tam gidc ABC c6 trong tam G(g;lj , trung diém

BC 1a diém M (1;1), phuong trinh duong thang chira dudng cao ké tir B 1a x+y-7=0.

Tim toa dd 4,B,C.
AN

B M@ €
Bai 4 (D-2012-CB) Trong mit phing toa d0 Oxy, cho hinh chit nhiat 4BCD. Cac dudng

thang AC va AD lan luot c6 phuong trinh 14 x+3y =0 va x—y+4=0; duong thing BD di

qua diém M (—%;1] . Tim toa d0 cac dinh cua hinh chir nhat ABCD.

A% : B(?)
M _,l.
d . ﬁf( 3,1)
J 1 Exy coo
D() €]
x——.y+4=[} x+3y=0

Bai 5. Trong mit phang toa dd Oxy ,cho tam gidc ABC . Puong cao ké tir 4, trung tuyén ké
tir B, trung tuyén ké tr C 1an luot ndm trén cac dudng thing c6 phuong trinh x+y-6=0,
x-2y+1=0 va x—1=0. Tim toa do 4,B,C.

A(?)
| x=2y+1=0

()
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Bai 6. Trong mit phang toa 46 Oxy, cho tam gidc ABC c6 dinh C (-1;-2), dudng trung
tuyén ké tir 4 va duong cao ké tir B 1an luot c6 phuong trinh 5x+y—-9=0 va x+3y—5=0.

Tim toa do cac dinh 4 va B.

A() x+33y—-5=0

B() M\ —CL-2)
S5x+y=9=0

Bai 7. Trong mat phéng toa do Oxy, cho tam giac ABC can tai dinh 4, c6 trong tdm
G(%,%) , phuong trinh duong théng BC la x-2y—-4=0 va phuong trinh duong théng BG
la 7x—4y—-8=0. Tim toa do cac dinh ctia tam giac 4BC.

A

Ix—4y-8§=0

G

)

B M C()
Bai 8 Trong mit phang toa d0 Oxy, cho tam gidc ABC c6 trong tim G(-2;0), biét phuong

x-2y-4=0

trinh cac canh 4B va AC theo thir tu 1a 4x+y+14=0 va 2x+5y—-2=0. Tim toa dd cac

dinh cua tam giac ABC.

AQ?)

4x+y+14=0 2x+3y-2=0

B(?) c™

Bai 9 Trong mit phang toa d0 Oxy, cho tam gidc ABC c6 dinh 4(-2;3). Dudng cao CH

nam trén duong théng 2x—y+1=0. Tim toa d§ cac dinh con lai ciia tam gidc 4BC.

Néu ban can loi gidi xin lién hé email: tailieutoan2015vi@gmail.com Page 89




C(D

A(=2:3)

Bai 10 Trong mit phang toa dd Oxy, cho tam gidc ABC c6 dinh A(-2;4). Phuong trinh
duong trung tryc canh BC, dudng trung tuyén xudt phat tr C 1an luot 13 x+2y—1=0 va

x—=3y+4=0. Tim toa d0 cac dinh con lai cia tam giac ABC.

A(=2:4)

B9 T N o
X+2y-1=0

Bai toan 8. Tim diém dwa vio phén gidc trong (ngoai) ciia tam gidc
Vi du 1. Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dudng phn giac trong AD 14 :
x—y=0, dudng cao CH 1a :2x+y+3=0, canh AC di qua diém M (0;-1) sao cho

AB =2A4M . Tim toa d0 cac dinh cua tam gidc ABC.

? c(?

B(?) D\ xmym0 &)
Vidu 2 (B -2013 - NC ) Trong mit phing toa do Oxy,cho tam gidc ABC c6 chan dudng
cao ha tr dinh 4 1a H (%,—%) , chan duong phan giac trong ciia 4 1a D(5;3) va trung

diém cta canh 4B 1a M (0;1). Tim toa d6 dinh C.
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c®

Vidu 3 Trong mit phang toa do Oxy, cho tam gidc ABC c6 trung tuyén BM :2x+y-3=0,
phén gidc trong BN: x+y-2=0. Diém P(2;1) thuoc duong thang di qua 4, B. Ban kinh

dudng tron ngoai tiép tam gidc ABC bang /5. Xac dinh toa do cac dinh cua tam giac ABC.
B(M

AX c(?
LAY ™

A?)

x+}.\—2¢'0 ZX"!"}""3 =0
Vi du 4 Trong mit phing toa dd Oxy, cho hinh binh hanh ABCD c6 C(3;-1), duong thang

chtra BD va duong thang chira dudng phan giac cua goc DAC lan luot c6 phuong trinh 1a

x—4y+2=0 va x+y—-4=0. Xac dinh toa do cac dinh con lai cia hinh binh hanh trén.

' =1)
“\H
E x+y—4=0

Vidu 5 (B —2008 ) Trong mat phéng toa do cua Oxy, hdy xdc dinh toa d§ dinh C cua tam
gidc ABC biét rang hinh chiéu vudng goc clia C trén duong thing 4B la diém H(-1;-1),
duong phan gidc trong cua goc 4 cd phuong trinh x—y+2=0 va duong cao ké tor B co

phuong trinh 4x+3y-1=0.
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¢
A 4x+3y-1=0
Arx—-y+2=0

DAk

al

H(-L-1) B

A

Vi du 6. (B — 2010 — CB) Trong mit phang toa dd Oxy, cho tam gidc ABC vudngtai 4 cb
dinh C(-4;1), phan gidc trong géc 4 ¢6 phuong trinh x+y—-5=0. Viét phuong trinh dudng
thang BC, biét dién tich tam giac ABC bang 24 va dinh 4 c6 hoanh d6 duong.

C=4D Arx+ y—5=0

A5 ) B

Vi du 7 Trong mit phang toa d6 Oxy, cho hinh thoi ABCD c6 duong chéo AC nim trén
duong thang d:x+y-1=0. Diém E(9%4) nim trén duong thang chira canh 4B, diém
F(-2;-5) nim trén duong thang chira canh AD. Xac dinh toa do cac dinh cta hinh thoi
ABCD biét diém C c6 hoanh d am va AC =22

B(?) Ac=2J2

H - dix+y-1=0
A > _ )
x. <0

F(-2-5) pry)

Vi du 8. Trong mit phang toa d0 Oxy, cho tam giac 4BC. Phan giac trong ctia goc A va

phan giac ngoai cua goc B lan lugt cd phuwong trinh x=2 va x+y+7=0. Cac diém
1 (—%;1] , J(2:1) 1an luot 13 tim duong tron ngoai tiép, ndi tiép tam giac ABC. Tim toa do

cac diém 4,B,C.
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c()

Vi du 9. Trong mat phéng toa d0 Oxy, cho tam gidc ABC céan tai 4 voi BC =42, Céc
duong théng AB va AC lan luot di qua cac diém M (l;—gj va N (O;g]. Xac dinh toa do

cac dinh cua tam gidc ABC, biét dudng cao AH c6 phuong trinh x+y—2=0 va diém B cod

hoanh d§ duong.
AR)
M-

N

22

B(?) c®)

x+y-2=0
Vi du 10 Trong mit phang toa d6 Oxy, cho tam giac ABC. Pudng phan gidc goc 4 cob
phuong trinh x+ y—3=0, Puong trung tuyén ké tir dinh B c¢6 phuong trinh x—y-1=0,

duong cao ké tir C ¢6 phuong trinh x+3y—-19=0. Tim toa dJ cac dinh cua tam giac ABC.

x+3y-19=0

v
B(?) D\
D. BAI TAP VAN DUNG
Bai 1 (D — 2011 — CB) Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh B(—4;1),
trong tim G(L;1) va duong thang chira phan giac trong ctia gbc 4 c6 phuong trinh

x—y—1=0. Tim toa d§ cac dinh 4 va C.
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A

B(—41 c

\ Ax=y-1=0
Bai 2 Trong mit phang toa d0 Oxy, cho tam gidc ABC biét phuong trinh cac dudng thang
chtra cac canh 4B va BC lan luot 1a 4x+3y—-4=0 va x—y—1=0. Phan giac trong ctia goc

A nam trén dudng thang x+2y—-6=0. Tim toa do cac dinh ciia tam giac 4BC.

x—y—1=0

B \ c?
A x+2y—-6=0

Bai 3. Trong mit phang toa d6 Oxy, cho tam gidc ABC vudng tai B, duong thing chua
canh BC co6 phuong trinh 2x+ y+4=0, duong phan giac trong goc 4 c6 phuong trinh

d,:x—y-1=0.Dudng thang chira canh AC di qua diém M (0;-2). Tim toa d¢ c4c dinh ctia

tam gidc ABC.
A

B(?)

Bai 4 Trong mit phing toa dd Oxy, cho tam gidc ABC c6 ba goc déu nhon. Viét phuong
trinh duong théng chtta canh AC cua tam giéc, biét toa do chan duong cao ha tur ba dinh

A,B,C twong ung la M (-1;,-2), N(2;2),P(-1;2).
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M(EL-2)

N2 2)
Bai 5. Trong mit phang toa dd Oxy, cho tam gidc ABC vé6i duong cao ké tir dinh B va
phan giac trong cua goc A ¢6 phuong trinh 1an lugt 14 x-2y-2=0 va x—y—-1=0. Diém
M (0;2) thudc dudng thang 4B va AC=2A4B. Tim toa d6 cac dinh cia tam gidc ABC.

B(7)

A ~n % ¢

x—23.-*—-2r:0

Bai 6. Trong mit phang toa d0 Oxy, cho hai duong thing A :4x—2y+5=0 va
A, :4x+6y—13=0. Puong thing A cit A,A, lan luot tai 4,B. Biét ring A, 1a phéan giac
clia goc tao bdi 04 va A ; A, 1a phan giac ciia goc tao boi OB va A. Viét phuong trinh
duong thang A.

A4x-2y+5=0 A

A, 4x+6y-13=0

Bai 7 Trong mit phiang toa dd Oxy, cho tam gidc ABC c6 A(0;2),B(2;6) va C thudc
duong thang d:x-3y+1=0. Tim toa d6 dinh C sao cho phan giic trong xuat phat tir dinh

A song song voi dudng thang d .
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A0 dix=3y+1=0

I
o)
B26) \aA \

Bai 8 Trong mit phang toa do Oxy, cho tam gidc ABC véi A(5;3), duong cao BH nam

trén duong thing 4x+3y+14=0, phin giac trong ctia goc C nam trén dudng thing

x+2y—1=0. Tim toa dd cac dinh con lai ciia tam gidc 4BC.

A(5:3)

Bn D — o
Bai 9 Trong mit phang toa dd Oxy, cho tam gidc ABC vudngtai 4 , ¢ dinh C (—4;1), phan

giac trong goc A c6 phuong trinh x+y-5=0. Viét phuong trinh duong thing BC, biét
dién tich tam gidc ABC bang 24 va dinh 4 c6 hoanh d6 duong.

%D A:x+y-5=0

(Khong c6 bai 10)
Bai 11 Trong mat phang toa d0 Oxy, cho tam gidc ABC véi duong cao ké tir dinh B va
phuong trinh phan giac trong cta goéc A lan lugt co phuong trinh 1 3x+4y+10=0 va

x-y+1=0, diém M (0;2)thudc dudng thang 4B dong thoi cich C mot khoang bang 2

Tim toa d6 cac dinh cua tam giac, biét C c6 toa d6 nguyén.
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\ c
A x—y+1=0

Bai 12 Trong mit phing toa do Oxy, cho tam gidc 4BC c6 dinh B(—4;1). Trong tam G(1;1)
va duong thang chira phan giac trong ctia gbc 4 c6 phuong trinh x—y—1=0. Xéac dinh toa

dd cac dinh con lai cua tam gidc ABC.

: C(
B-%D \ x—y—1=0 @

Bai 13 Trong mit phang toa d6 Oxy, cho tam gidc ABC, biét phuong trinh canh BC i
x—y+1=0. Hai duong phan gidc trong ctia goc B va C lan luot cd phuong trinh

d 2x+y-1=0 va d, :x+y—3=0. Viét phuong trinh canh 4B ciia tam giac ABC

d:2x+y-1=0

B x-3y+1=0 ¢
Bai 14 Trong mit phang toa dd Oxy, cho tam gidc ABC, co trong tAm G(0;3), trung diém
cia AB 1a M(2;3), phuong trinh phan gidc trong cua 4 1a d:x+2y—7=0. Tim toa do cac

dinh cua tam giac ABC.
c?

AR MEH B
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Bai 15 Trong mit phang toa & Oxy, cho hinh binh hianh ABCD c¢6 D(~6;-6). Dudng trung
truc cia doan DC c6 phuong trinh 1a 2x+3y+17=0 va duong phan giac cua goc BAC co
phuong trinh 5x+ y—3=0. Xéc dinh toa do cac dinh con lai cua hinh binh hanh 4BCD.

2x+3y+17=0
A E

D(-6-6) T 8¢

Bai toan 9. Tim diém thudc (E) thoa diéu kién cho trwéc; Viét phwong trinh chinh tic
cia (E)

C. CAC Vi DU MINH HQA

Vi du 1: Trong mit phing v6i hé toa dd Oxy , viét phuong trinh chinh tic ctia elip (E) biét

rang (E) c6 tam sai bang TS va hinh chit nhat co s¢ ciia (E) c6 chu vi bing 20.

2

2
Vi du 2: Trong mit phing véi hé toa do Oxy, cho elip (E): % +2 =1. Viét phuong trinh

2
dudng thing d cét (E) tai hai diém phan biét c6 toa do 1a cac s nguyén.

2

Vi du 3: Trong mit phang véi hé toa 46 Oxy, cho elip (E) :%+y2 =1. Tim toa do diém
M trén (E) sao cho ban kinh qua tiéu cua tiéu diém nay bang 3 1an ban kinh qua tiéu cua
tiéu diém kia.

Vi du 4: Trong mit phang v6i hé toa dd Oxy, cho diém M (—\/5 ;1) , duong elip (E) di qua
diém M va khodng cach giita hai dudng chuan cta (E) 1a 6. Lap phuong trinh chinh tic
cua (E).

Vi du 5: Trong mit phing véi hé toa dd Oxy . Lap phuong trinh chinh tic cua elip (E ) biét
rang c6 mot dinh va hai tiéu diém cua (E) tao thanh mot tam gidc déu va chu vi he co s¢

clia (E) 1a 12(2++3).
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Vi du 6.: Trong mit phing v6i hé toa do Oxy, cho elip (E) c6 hai tidu diém
F (—\/E;O),F2<\/§;O) va di qua diém A(\/g,%j Lap phuong trinh chinh tic cta (E) va
véi moi diém M  thuoc (E), hdy tinh gid i bicu thic
P = MF,” + MF! —30M* — MF,.MF, .

) x2 y2 )
Vi du 7: Trong mit phing voi hé toa do Oxy, cho elip (E):§+T:1' DPudng thing

A:x—+2y=0 cét (E) tai hai diém B,C. Tim toa d6 diém 4 trén (E) sao cho tam gidc
ABC c¢6 dién tich 16n nhat.

2 2

Vi du 8: Trong mit phang véi hé toa dd Oxy, cho elip (E ) c6 phuong trinh %4_% =1

v6i hai tiéu diém F,F, (hoanh d¢ cua F, 4m). Tim toa d§ cua diém M thudc elip sao cho

MFEF, =60°.
Vi du 9 (A - 2012): Trong mit phang véi hé toa do Oxy, cho duong tron (C):x* + )* =8.
Viét phuong trinh chinh tic cua elip (E), biét rang (E) c6 do dai truc 16n bang 8 va (E)

cit (C) tai bén diém tao thanh bén dinh ciia mot hinh vudng.

b y=x
o At
_(}_-j}f 7 < (1:1)
[ ) \ ‘
v e | B
A )
/ '\::-:—_‘ _x"‘
(€}

Vi du 10 (B — 2012): Trong mit phing v6i hé toa dd6 Oxy, cho hinh thoi ABCD c6
AC =2BD va duong tron tiép xuc véi cac canh ciia hinh thoi ¢6 phuong trinh x* + y* = 4.
VIét phuong trinh chinh tic cua elip (E) di qua céc dinh 4,B,C,D cua hinh thoi. Biét 4

thudc truc Ox.
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Vi du 11: Trong mit phing véi hé toa do Oxy . Lap phuong trinh chinh tic cta elip (E) c6

A . N 3 <A [N 7 5 ’ [ 5 . r [N - R \ 7 5 A r 5
tdm sai bang g , bi€t dién tich cua tur giac tao bdi céc ti€u di€m va cac dinh trén truc bé cia

(E) bing 24.
¥ 3
gt
b
ﬁ 1 ¢ Fz -
o x
B,

. ) ) ) 4
Vi dy 12: Trong mat phang véi hé toa do Oxy, cho elip (E) c6 tdm sai e= 3 dudng tron

ngoai tiép hc co s& cua elip co6 phuong trinh x* + »* =34. Viét phuong trinh chinh tic cia
elip va tim toa d6 diém M thudc (E) sao cho M nhin hai tiéu diém cta (E) dudi mot goc
vuong va M c¢o6 hoanh d¢ duong.

o

IS J
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Vi du 13: Trong mit phiang v6i hé toa do Oxy, cho elip (E):4x*+9y* =36 c6 hai tiéu
diem F, va F, v6i F, c6 hoanh d6 am. Tim toa do diém M thudc (E) sao cho
MF? +2MF, dat gia trj nho nhat. Tim gia trj nho nhat d6.

2 2

Vi du 14: Trong mit phang véi hé toa dd Oxy, cho elip (E)f_6+% =1 va diem 7(1;2).

Léap phuong trinh dudng thing d di qua 7, cit (E) tai hai diém phan biét 4, B sao cho I

1a trung diém ctia 4B .

2

Vi du 15: Trong mt phing véi hé toa do Oxy, cho diem A(3;0) va elip (E) :%+y2 =1.

Tim toa d¢ cac diém B,C thudc (E) sao cho tam gidc ABC vudng tai 4.

ye

2
Vi du 16: Trong mit phang véi hé toa o Oxy, cho elip (E) :%+y2 =1 diém M(%,%)

Viét phuong trinh dudng thang A qua M cét E tai hai diém 4, B sao cho MA =2MB .

D. BAI TAP VAN DUNG

Bai 1: Trong mit phing véi hé toa dd Oxy , viét phuong trinh chinh tic ctia elip (£) c6 tim
sai bang ? va do dai dudng chéo hinh chit nhat co sé bang 245,

2 2

Bai 2: Trong mit phing v6i hé toa d Oxy, cho elip (E) c6 phuong trinh %4_% =1 va

M (1;-1). Mot duong thang d di qua M cit (E) tai 4,B sao cho MAMB 1én nhat. Tim
toado A,B.

Bai 3: Trong mit phang véi hé toa d6 Oxy. Lap p t chinh tic cua elip biét diém
8 |1 A e . . . , NP S
M 5; Y thudc elip va tam giac FIMF, vudng tai M , trong d6 F},F, 1a hai diém cua

elip.
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Bai 4: Trong mit phing voi hé toa dd Oxy . Viét phuong trinh chinh tic cta elip (E) biét
rang elip (E) c6 hai tiéu diém F, va F, véi F, (—\/5;0) va c6 mot diem M thude (E) sao
cho tam giac F,MF, vudngtai M va c6 dién tich bang 1.

Bai 5.: Trong mit phang v6i hé toa dd Oxy. Viét phuong trinh chinh tic cua elip di qua
2 3 A iR : S
diém M (I;TJ va tiéu diém cua elip nhin truc nhé véi mot goc 60°.

2 2

Bai 6: Trong mit phang véi hé toa do Oxy, cho elip (E) c6 phuong trinh % + yj =1. Gia

st F,F, 1a hai tiéu diém cua elip, trong d6 F, c6 hoanh d¢ am. Tim toa do diém M trén
(E) sao cho MF,—MF, =2.

2 2

Bai 7: Trong mat phéng voi hé toa do Oxy, cho elip cé phuong trinh ;—5+% =1. Tim

diém M thudc elip sao cho goc 171]\‘-/[72 =90° v6i F,F, 1a hai tiéu diém cua elip.

Bai 8: Trong mit phang v6i hé toa dd Oxy. Viét phuong trinh chinh tic cua elip, biét hai
tiéu diém cung v6i hai dinh trén truc bé xac dinh mot hinh vuéng va phuong trinh hai duong
chudn x=+8.

2 2
X
LY

-z =1 ¢6 hai tiéu diém
25

Bai 9: Trong mit phing véi hé toa 40 Oxy, cho elip (E):

F,F,. Tim toa d6 diém M thudc (E) sao cho ban kinh duong tron noi tiép tam gidc
. 4

MF,F, bang 3

Bai 10: Trong mit phing véi hé toa dd Oxy . Viét phuong trinh chinh tic cia elip (£) biét
rang khi diém M thay doi (E) thi d dai nhé nhat cia OM bang 4 va d¢ dai 1on nhét cua
MF, bang 8, v6i F, 1a tiéu diém c6 hoanh do am.

Bai toan 10. Cho hai dudng tron (C,) va (C,) ciit nhau tai hai diém A, B. Viét phwong
trinh dwong thing AB

C. Vi DU GOC

Cho hai dudng tron (C,):x* +)° +4x+4y+4y—-17=0 va (C,): x>+ -8x-2y+7=0

cat nhau tai hai diém 4, B. Viét phuong trinh duong thang 4B .
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D. CAC Vi DU MO RONG
Vi du 1 (Khéi B — 2006): Trong mit phiang toa do Oxy, cho duong tron
(C):x*+y*—2x—-6y+6=0 va diem M (-3;1). Goi 4 va B la céc tiép diém clia cac tiép

tuyén ké tir M dén (C). Viét phuong trinh duong thing AB.

M(-31)

Vi du 2: Trong mit phang toa 46 Oxy, cho duong tron (C):(x—y)2 +y* =4 va diém
E(4;1). Tim toa d diém M trén tryc tung, sao cho tir diém M ké dugc hai tiép tuyén

MAMB dén (C) (v6i A4,B la cac tiép diém) sao cho AB di quaE .

x=0

Vi du 3: Trong mit phiang toa dd Oxy, cho tam gidc ABC ndi tiép dudng tron tim / (6;6)
va ngoai tiép duong tron J(4;5). Biét diem 4(2;3) va hoanh d¢ diém B nhé hon hoanh do

diém C. Tim toa d6 cac dinh con lai cia tam giac ABC.
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Vi du 4: Trong mat phéng toa d0 Oxy, cho tam giac ABC can tai 4, cO tryc tdm
H(-3;2). Goi D,E 1a chan dudng cao ké tir B va C. Biét ring diém A thudc duong thing
A:x-3y-3=0, diém F(-2;3) thudc duong thing DE va HD =2. Tim toa do diém A.

A:x-3y-3=0

Vi du 5: Trong mit phing toa do Oxy, cho tam gidc ABC ¢6 A(-2;-1), tryc tam H (2;1)

va BC=2/5. Goi B',C' 1an luot 1a chan duong cao ké tu dinh B,C. Lap phuong trinh
duong thing BC , biét rang trung diém M cia canh BC nam trén duong thang c6 phuong

trinh x—2y—1=0, tung d6 ciia M duong va duong thing B'C' di qua diém N (3;—4).
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A=2-1)

.-‘f( 3.-4)

x-2y-1=0

Vi du 6: Trong mit phing toa dd Oxy, cho duong tron (T): (x—l)2 +(y —1)2 =5 véitam [
va diém A(4;5). Tr 4 ké mot dudng thing cit duong tron (7) tai hai diem B,C, tiép
tuyén tai B,C cétnhau tai K. Qua K ké duong thing vudng goc véi 14, cit (T) tai E,F .
Xéc dinh toa d6 cac diém E,F .

4

5 |
e | .

Vi du 7: Trong mit phiang vé6i hé toa @0 Oxy, cho dudng tron (C):x* +)° —2x+4=0 va
duong thing A:x—y+1=0. Tim toa d6 diém M thudc dudng thang A sao cho qua M ké

dugc hai tiép tuyén MA,MB dén dudng tron (C) (v6i A,B 1a céc tiép diém), dong thoi

khoang cach tir diém N (—l;%j dén AB 16n nhit.

Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com Page 105




Arx=y-+1=0

M)

Vi du 8: Trong mit phing toa do Oxy, cho dudng tron x*+y* =1 va diém 4(1;3). Viét
phuong trinh dudng tron (7) qua 4 va tam clia dudng tron (7"), dong thoi cdt dudng tron

(T") tai hai diém B,C sao cho khoang céch tir diém 4 dén duong thing BC 16n nht.

E. BAI TAP VAN DUNG:
Bai 1: Cho dudng tron (C):x*+)° —3x—7+12=0 va diem 4(1;2). Tim toa do c4c dinh
ciia hinh chit nhat ABCD néi tiép trong (C) va c6 dién tich bing 4. Biét AB 1a chiéu dai

cua hinh chit nhat va B c6 hoanh d¢ nguyén.

A(l;g) AB>CD B(?)

Sascn =4 T
D) 7o)

Bai 2: Cho duong tron (C):x*+)* —2x+4y+2=0. Viét phuong trinh dudng tron (C")

tam M (5;1) biét (C) cit (C) tai hai didm A4,B sao cho AB=+/3.
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Bai 3: Trong mit phing toa dd Oxy, cho hai duong tron (C,):x* +3” —18x—6y+65=0 va
(C,):x*+y*=9. Tir diém M thudc duong tron (C,) ké hai tiép tuyén véi duong tron

(C,) véi hai tiép diém 4,B. Tim toa d¢ diém M , biét do dai doan 4B =4,8.

Bai 4: Cho duong tron (C):(x—l)2+(y—2)2 =4 va diém K(3;4). Lap phuong trinh
dudng tron (7) tam K cét duong tron (C) tai hai diém 4,8 sao cho dién tich tam gidc
IAB 161 nhét véi 1 1a tam cua duong tron (C).

Bai 5: Trong mit phing toa do Oxy , cho duong tron (C):x* + »* —2x+4=0. Viét phuong
trinh duong tron c6 tim K (1;3) cit dudng tron (C) tai hai diém A, B sao cho dién tich tam
gidc IAB bing 4, v6i I 1a tim cua duong tron (C).

Bai 6: Trong mit phang toa 46 Oxy, cho hai dudng tron (Cl):(x—l)2 +(y—2)2 =9 va
(C,):(x+2) +(»—10)" =4. Tim toa do céc dinh cua hinh vuéng ABCD, biét diém 4
thudc (C,), diém C c6 toa do nguyén thudc (C,) va cac dinh B,D thudc dudng thang

x—y+6=0.
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PHAN 4. SANG TAO VA PHAT TRIEN TU CAC BAI TOAN HINH HQC PHANG
THUAN TUY

A. Sang tao va phat trién

Bai 1. Cho tam gidc 4ABC. Goi M,N lan luot 13 trung diém cua BC va AB; D,E lan luot
1a chéan chiéu cao ké tir 4,B cua tam gidc ABC . Chimg minh rang MEND ndi tiép dudng
tron.

Bai 1.1. Trong mit phang toa do Oxy, cho tam giac ABC c6 B(-1;4). Goi D,E(-1;2),N

lan luot 14 chan duong cao ké tir B va trung diém canh AB. Biét [ (—

N | W

,%) la tam duong

tron ngoai tiép tam gidc DEN . Tim toa d dinh C ctia tam giac ABC.
A

\ E(-12)
v

B(-1;4) c(?)

D. M
Bai 1.2. Trong mit phang toa dd Oxy, cho tam gidc 4ABC khong vudng va dudng thing A
c6 phuong trinh 2x+y—-2=0. Gia sat D(4;1),E(2;—1),N(1;2) theo tht ty 1a chin duong
cao ké tr A, chan duong cao ké tur B va trung diém canh 4B . Tim toa d6 cac dinh cua
tam giac ABC biét rang trung diém cta canh BC nam trén duong thing A va diém M co
hoanh d6 nho hon 1.
A(?)
EQ2;-1)

NG:2) B354 y-2e0

B(7)

DA M iy

Bai 2. Cho tam gidc ABC can tai 4 va M la trung diém AB. Goi I,G lan lugt 1a tim
duong tron ngoai tiép, trong tim tam gidc 4BC. Ching minh rang / 13 tryc tim cua tam

gidc MGK . Biét rang K 14 trong tdm cla tam gidc ACM .
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“AP
f/ ch

Bai 2.1. Trong mit phing toa dd6 Oxy, cho tam gidc ABC cin tai A va M 1a trung diém
, . % 8 1) .. 4 \ \ ok . . 71) x \
cua 4B . Biét [ 5,5 la tim duong tron ngoai ti€p tam giac ABC va G 5,5 lan luot 1a

trong tdm tam giac ABC va ACM . Tim tga do cac dinh con lai ciia tam giac ABC, biét A4

khong trung voi ge toa do.
4

K §
: c

Bai 2.2. Trong mit phing toa 40 Oxy, cho tam gidc ABC can tai 4 va C(2;-3). Biét

1 (%,—%) 1a tam dudng tron ngoai tiép tam gidc 4BC va K (%,%) la trong tdm tam giac

ACM ,vé1 M 1a trung diém AB. Tim toa d6 cac dinh cta tam giac ABC.
A

A
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Bai 2.3. Trong mit phing toa dd Oxy, cho tam gidc ABC cin tai A va M 1a trung diém

ciia AB.Biét | (%,gj 1a tam duong tron ngoai tiép tam gidc ACM , K (?,%) lan luot 1a

trong tdm tam gidc ACM . Cac duong thing AB,CM lan luot di qua cac diém

E(0;3),F(2;0). Tim toa d¢ cac dinh con lai cia tam giac ABC biét 4 co tung d6 duong.

A

Bai 2.4. Trong mit phing toa dd Oxy, cho tam giac ABC cin tai A va M 1a trung diém

cia AB. Puong thing CM ¢ phuong trinh y—-3=0 va K (—%%) la trong tam cua tam

giac ACM . Puong thang 4B di qua diém D(—%;4j. Tim toa d§ cac dinh cua tam giac

ABC, biét M c6 tung do duong va tim dudng tron ngoai tiép tam gidc ABC nam tén
duong thang 2x—y+4=0.
A
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Bai 2.5. Trong mit phing toa dd Oxy, cho tam giac ABC cin tai A va M 1a trung diém
, \ 2 , . . 11 7). A
cua AB. Puong thang CM c6 phuong trinh 5x—-7y—-20=0 va K Z;—g la trong tam

ctia tam gidc ACM . Puodng tron ngoai tiép tam gidc ABC c6 tAm nam trén duong thang

2x+4y+7=0 va c6 ban kinh béng % Tim toa do cac dinh ctia tam giac ABC, biét 4

va C c6 toa do nguyén.
4

Bai 3. Cho hinh vudéng ABCD. Goi M 1a trung diém cta canh AB va N la diém thudc
doan AC sao cho AN =3NC. Ching minh tam giac DMN vuodng can.

¥ A
| , A M P ;
A M B B 4 M 3

I ¢E\f? . L‘Nr N

E .
| 1 .
D ' ¢ D 0 ¢ p=o@0) C x

Bai 3.1. Trong mit phang toa dd Oxy, cho hinh vuéng ABCD . Goi M 1a trung diém cia

canh AB,N (—%,%) 1a diém trén canh AC sao cho AN =3NC. Xac dinh toa do cac dinh

ctia hinh vudng ABCD , biét dudong thaing DM c6 phuong trinh x—1=0 va D c6 tung do

A

am.
x=1=0 _
A(?) M/ B(?)
G
¥-31)
! o= )
N
D) c(?)
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Bai 3.2 (Khdi A, A1 — 2014). Trong mit phang toa d6 Oxy, cho hinh vudéng ABCD c6
diém M 1a trung diém cua doan AB va N la diém thudc doan AC sao cho AN =3NC.
Viét phuong trinh duong thang CD , biét rang M (1;,2) va N(2;-1).

-
p S M(12) B
N(2:-1)
D / C

. E
Bai 3.3. Trong mit phang toa d6 Oxy, cho hinh vuéng ABCD, goi M 1a trung diém cia

canh 4B, N thudc duong thing A:3x+y+4=0 va la diém trén canh AC sao cho
CN :iAC . Biét phuong trinh dudng thing MD:x—1=0. Xac dinh toa d6 dinh C cua

hinh vuéng 4BCD, biét khoang cach tir C duong thing MD bang 4 va N c6 hoanh d6

A

am.
x=1=0
A0) M/ BC)
G
I
N
poye=___ c

Bai 3.4. Trong mit phang toa & Oxy, cho hinh vuéng ABCD c6 dinh D(5;1). Goi M 1a
trung diém cuia canh AB, N la di€m trén canh 4C sao cho CN = ZAC. Biét duong thang

diqua M va N co6 phuong trinh 3x—y—4=0. X4ac dinh toa do cac dinh con lai cia hinh

vudbng ABCD, biét diém M c6 tung d6 duong.
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AC) \M B()

N
D(3:1) c(?)

Bai 3.5. Trong mit phang toa d6 Oxy, cho hinh vuéng ABCD, goi M 1a trung diém cia

2 1 X .2
canh AB, N la diém trén canh AC sao cho CN :ZAC. Bi¢t E(1;-1) 1a trung diém cua

doan DM . Tim toa d6 dinh B, biét F (%;Oj la trong tam tam giac AMN va diém N co

hoanh d6 am.
4 M

B(?)
E-1) |
£2.) E
\37) | F v
D : C

Bai 4. Cho tam giac 4BC c6 tam dudng tron ndi tiép J . Goi D 1a giao diém cua dudng
tron ngoai tiép tam giac ABC v6i dudng thing 4J . Chimg minh rang D 13 tdm cta duong

tron ngoai tiép tam giac ABC .

Bai 4.1. Trong mit phing toa d0 Oxy, cho tam gidc ABC ndi tiép dudng tron [ (6;6) va
ngoai tiép dudng tron tim J(4;5). Biét diém 4(2;3) va hoanh do diém B nho hon hoanh

do diém C. Tim toa do cac dinh con lai cua tam giac ABC.
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Bai 4.2. Trong mit phing toa dd Oxy, cho tam gidc ABC ngoai tiép dudng tron J(2;1).
Biét dudng cao xuét phat tir dinh 4 cua tam gidc ABC c6 phuong trinh 2x+y—-10=0 va
D(2;-4) la giao diém thtr hai 4J voi dudng tron ngoai tiép tam giac ABC. Tim toa do
cac dinh cta tam giac ABC biét B c6 hoanh d6 am va B thudc dudng thing co6 phuong

trinh x+y+7=0.

Bai 5. Cho hinh binh hanh ABCD. Mot diém M nim trong hinh binh hanh sao cho

M AB = MCB. Chtng minh rang AA//[B,lﬁ/[\C 1a hai goc bu nhau.
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D
Bai 5.1. Trong mat phéng toa d0 Oxy, cho hinh binh hanh ABCD c¢6 dinh D(—7;O). Mot
diém M nim trong hinh binh hanh sao cho MAB = MCB . Phuong trinh dudng thiang chia
MB,MC lanluot1a A:x+y—-2=0;A:2x—y—1=0. Tim toa d6 dinh A4, biét rang dinh 4
thudc duong thing d:y =3x va A4 c6 hoanh d6 nguyén.

di =3 ’ TN V= ==

X, el

) \C |
D10 Ay 2x—y=1=0

Bai 5.2. Trong mit phing toa d6 Oxy, cho hinh binh hanh 4BCD c¢6 dinh A(%,%) Mot

diém M (1;-1) nim trong hinh binh hanh sao cho MAB = MCB =135 Tim toa d6 dinh D,

biétring D thudc dudng tron c6 phuong trinh (7):x% +y* —2x+2y-3=0.

Bai 6. Cho tam giac ABC can tai A va ndi tiép duong tron tAm 7. Goi AI va dudng cao di

qua C lan luot cat dudng tron tai cac diém thir hai 1a M, N . Chimg minh rang /B 1 MN .
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Bai 6.1. Trong mit phing toa dd Oxy, cho tam gidc ABC ndi tiép dudng tron (T) 6 tam
1(0;5). Duong thang Al cét duong tron (T') tai diém th hai la M (5;0). Duong cao di

qua C cit dudng tron (T ) tai diém thi hai la N (—%,gj Tim toa do cac dinh cua tam

gidc ABC, biét dinh B c6 hoanh d¢ duong.

A7)

M(5:0)
Bai 7. Cho tam giac ABC noi tiép duong tron tdm /. Goi M ,N lan luot 13 chan chiéu cao
ké tir dinh B va C. Chiémg minh rang /4 1 MN .

Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com Page 117




Bai 7.1. Trong mit phang toa do Oxy, cho duong tron (T):x*+ y* =25 ngoai tiép tam
gidc ABC cb toa do chan duong cao ké tir B,C lan luot 1a M (1;3),N(2;3). Tim toa do

cac dinh ctia tam giac ABC, biét 4 c6 hoanh d am.

Bai 7.2. Trong mit phing toa d0 Oxy, cho tam giac ABC ndi tiép dudng tron
(C):x*+y* =25, dudng thang AC di qua diém K (2;1). Goi M,N lan lugt la chan dudng
cao ké tir dinh B va C. Tim toa do cac dinh ciia tam giac ABC, biét phuong trinh dudng

thang MN 13 4x-3y+10=0 va diém A4 c6 hoanh do am.
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4x—3y+10=6 )
. -~ ,/ ;

vl

Bai 8. Cho tam giac ABC, c6 tryc tam H . Goi D la giao diém thir hai cia 4B véi duong
tron ngoai tiép tam giac ABC va M 1a giao diém ciia AH véi BC . Chimg minh ring M

1a trung diém cta HD .

A

Bai 8.1. Trong mit phing toa d6 Oxy, cho tam gidc ABC c6 dinh A(-1;-3). Biét rang
tryc tAm va tdm dudng tron ngoai tiép tam gidc ABC lan luot la H(1;—1) va 7(2;-2). Tim

toa do cac dinh con lai cua tam giac ABC.

A(-1;-3) -
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Bai 8.2. Trong mit phiang toa d6 Oxy, cho tam gidc nhon ABC c6 truc tim H (5;5).,

phuong trinh dudng thang chta canh BC 13 x+y—8=0. Biét phuong trinh dudng tron

ngoai tiép tam gidc ABC di qua hai diém E(7;3) va F(4;2). Tim dién tich tam gidc ABC.
A()

F&2)

x-y-8=0

_,

b E(7:3)

Bai 8.3. Trong mit phing toa d0 Oxy, cho tam giic nhon ABC c6 tAm duong tron ngoai

tiép 7(2:;2), truc tm H(2;12). Tim toa do cac dinh cua tam giac ABC, biét réng duong
P

thang BC c6 phuong trinh x+y—2=0.
A7)

Bai 8.4. Trong mit phang toa d0 Oxy, duong thing chtra trung tuyén ké tir dinh 4 va
duong thang BC lan luot c6 phuong trinh 13 3x+5y-8=0 va x—y—4=0. Pudng thang
qua A vudng goc véi dudng thang BC cit duong tron ngoai tiép tam gidc ABC tai diém
thtr hai 1a D(4;-2). Viét phuong trinh céc dudng thing 4B, AC biét rang hoanh d¢ cua

diém B khong 16n hon 3.
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A

&
H
s x=y—4=0
B\P C
D% -2) 3x+5y-8=0

A. Ciac bai toan dé xuit

Bai 9. Cho tam giac ABC v61 H tryc tam. Goi 4',B',C"' lan luot 1a trung diém cac canh
BC,CA,AB. Goi D,E,F lan lugt 1 chan chiéu cao tmg v6i cac dinh 4,B,C va K,L,M
lan luot 1a trung diém cac doan théng AH,BH,CH. Ching minh réng: 9 diém
AB'\C'\D,E,F,K,L,M cung nam trén mot duong tron va H cung voi trong tdm, tam
dudng tron ngoai tiép tam gidc ABC thang hang.

Bai 9.1. Trong mit phing toa dd Oxy, cho tam gidc ABC c6 trong tim G(1;1). Phuong
trinh dudng tron di qua trung diém cua cac doan B4, BC va chin dudng cao ha tir B xudng
canh 4C c6 phuong trinh x* +( y+1)2 = 4. Viét phuong trinh dudng tron ngoai tiép tam
gidc ABC.

Pap s: (x-3) +(y-5) =16.

Bai 9.2. Trong mit phing toa d0 Oxy, cho tam giac ABC ndi tiép dudng tron
(T):(x+2)2 +(y—2)2 =25. Puong thang di qua 4 va vudng goc véi BC cit (T) tai diém

E(1;-2) khac A. Tim toa d6 cac dinh cia tam gidc ABC, biét tam gidc ABC c6 trong tim

G(—l;ﬁj.

3

bép sb: 4(1;6),B(-6;5),C(2;5).

Bai 10. Cho hinh vuéng ABCD . Goi M ,N lan luot 1a cac diém trén canh BC va CD sao
cho BM = CN . Chimg minh rang 4M 1 BN .

Bai 10.1. Trong mit phing toa do Oxy, cho hinh vuéng ABCD c6 dinh B(3;3). Goi

M,N lan luot 1a trung diém cta canh BC va CD. Tim toa dd cac dinh con lai cta hinh
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vudbng ABCD, biét A thudc duong thang A:x+y—2=0 va H(%%) 1a giao diém cua

AM va BN .
bap sb: 4(-1;3),C(3;-1),D(-1-1)

Bai 10.2. Trong mit phing toa d6 Oxy, cho hinh thang ABCD c¢6 day lén CD
— S L . (18 24) ..
CD=AD=24B; BAD=90", B(3;6). Goi M la trung diém cia AD va H ?,? 1a

hinh chiéu vudng goc cua M trén BC . Xac dinh tga do cac dinh con lai cua hinh thang
ABCD , biét A cb tung @6 nho hon 7.
bap sb: 4(0;6),C(6;0),D(0;0).

PHAN 5. BAI TAP TONG HQP

Bai 1. Trong mit phing toa o Oxy, cho tam gidc ABC c6 dinh B(—12;1) va trong tAm
12 . A \ e 42 . 11 Ny

G(g,gj . Puong phéan giac trong ké tir dinh A4 c6 phuong trinh 1a A:x+2y-5=0. Viét

phuong trinh duong thang BC .

Ax+2y-5=0
Bai 2. Trong mit phing toa do Oxy, cho hinh thang ABCD c6 hai day 4D,BC, dinh

AG;%} va 44D =9BC. Giao diém cua hai duong chéo AC,BD la E(4;2). Dinh

E(4;2). Pinh B thudc dudng thang A:3x+y+1=0 va trung diém M ciia doan BC thudc

duong thang x—2 = 0. Tim toa dd cac dinh con lai cta hinh thang 4BCD .
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‘I:H-IT . 13\';
heT2 )

-

Bai 3. Trong mit phing toa dd Oxy, cho hinh vuéng ABCD, dudng tron dudng kinh AM
cit canh BC tai hai diém B,M (5;7) va cit duong chéo BD tai N (6;2), dinh C thudc
duong thing d:2x—y—7=0. Tim toa do cc dinh cta hinh vuéng ABCD, biét hoanh d6

dinh C nguyén va tung d0 dinh A4 bé hon 2.

d:2x-y-7=0
B(") MG\ o)
I
NED W
A0) D()

Bai 4. Trong mit phang toa dd Oxy, cho hinh chit nhat 4BCD. Piém N (3;2) la trung
diém canh BC, cac diém M (-2;2) va P(2;-1) lan lugt ndm trén AB va DC sao cho

AM = CP . Xac dinh toa do cac dinh ABCD .

A(?) M(=2;2) B(9)

1NG:2)

D pR-1) c(?)
Bai 5. Trong mit phing toa dd Oxy, cho hinh chit nhat ABCD c6 dinh A(-3;1) vadinh C

thudc dudng thing A:x—2y—5=0. Trén tia d6i cia CD ldy diém E sao cho CE =CD,
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biét N(6;-2) la hinh chiéu vuéng goc clia D 1én dudng thing BE . Xac dinh toa d¢ cac

dinh con lai cua hinh chir nhat ABCD .
N(6:-2)

.4(-3;1) B(%)

Ax=23—5=0

! |

D(?) ' . ) 1 E

Bai 6. Trong mit phang toa do Oxy, cho duong thing d:x—y—1=0 va hai dudng tron
(C):x*+y*—6x+8y+23=0; (C,):x*+y* —6x+8y+23=0. Viét phuong trinh dudng

tron (C) c6 tim nam trén d , tiép xtc trong véi (C,) tiép xtc ngoai véi (C,).

d.x—y-1=0

Bai 7. Trong mit phang toa do Oxy, cho tam gidc ABC c6 diém A(2;3), trong tam
G(2;0). Hai dinh B va C lan lugt thudc cdc duong thiang A :x+y+5=0 va

A:x+2y—7=0. Viét phuong trinh dudng tron tim C va tiép xtc voi dudng thing BG .

> o

Bai 8. Trong mit phing toa do Oxy, cho tam gidc ABC c6 AC=24B. biem M (L1) 1a
trung diém cia BC . Piém N thudc doan AC sao cho NC =34N va diém D thudc BC
sao cho 4D dbi xtmg v6i AM qua phan giic trong goc A cia tam gidc ABC . Piém C
thuoc duong thing d:x+y—-7=0 va DN c6 phuong trinh 3x—2y+8=0. Xac dinh toa

do cac dinh cta tam giac ABC.
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Bai 11. Trong mit phing toa d6 Oxy, cho hinh vuong ABCD c6 phuong trinh duong chéo
AC:x+y—-5=0. Trén tia d6i ctia tia CB lay diém M va trén tai ddi cta tia DC lay diém
N sao cho DN = BM . Pudng thang song song véi AN ké tir M va dudng thing song
song véi AM ké tr N cit nhau & F (0;-3). Xéac dinh toa d6 cac dinh cia hinh vudng

ABCD , biét diém M nam trén truc hoanh.

F(&-3)

2

Bai 12. Trong mit phang toa d6 Oxy, cho diém 4(3;0) vaelip (E): %+ y=1. Tim toa do

cac diém B,C thudc (E) sao cho tam gidc ABC vudng can tai 4, biét diém B c6 tung do
duong.

2 2

Bai 13. Trong mit phang toa do Oxy, cho (E):;C—5+y?:l. Tim diém M c6 hoanh do

duong thugc (E) sao cho FMF, =90°, trong d6 F,, F, 1a céc tiéu diém.

‘. - 2 N : . a ) 4 . . Lz
Bai 14. Trong mat phang toa dd Oxy, cho elip (E ) cOtdm sai e = 3’ duong tron ngoai ti€p
hinh chit nhat co s& cua elip c6 phuong trinh x* + y* =34 . Viét phuong trinh chinh tic cia
elip va tim toa d6 diém M thudc elip (£) sao cho M nhin hai tiéu diém dudi mot goc

vuong va M c6 hoanh d¢ duong.

Bai 15. Trong mit phing toa d0 Oxy, cho duong thing d:3x+y—-4=0 va elip
2 2
(E ):%4_% =1. Viét phuong trinh duong thing A vuéng goc véi d va cit (E) tai hai

diém A,B sao cho dién tich tam gidc OAB bang 3.
Bai 16. Trong mit phing toa dd Oxy, cho hinh binh hanh ABCD c¢6 tam giac vudéng ABD

ndi tiép duong tron (7T):(x—-2) +(y—1)" =9. Biét hinh chiéu vudng goc cua B vi D Ién
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duong chéo AC lan luot 1a H (%,%) va K (%,%) Xac dinh toa d cac dinh cua hinh

binh hanh ABCD, biét A4 c6 tung do nguyén va AD =3/2.

- 4()

()

Bai 17. Trong mat phéng toa do Oxy, cho hinh chit nhat ABCD c6 diém M nam trén canh
BC sao cho MC =2MB, trén tia d6i cia tia DC ldy diém N sao cho NC =2ND. Dinh
D(1;-3) va diém 4 ndm trén dudng thing 3x—y+9=0. Phuong trinh duong thing

M :4x-3y—-3=0. Xac dinh toa dJ cac dinh con lai ctia hinh chir nhat ABCD .

B(") \_M R

B pg:-3)

A®) E

3x—y+9=0

N
Bai 18. Trong mit phing toa do Oxy, cho biét elip (E) c6 chu vi hinh chit nhat co s
bang 16(2 +/3 ) , dong thoi mot dinh cua (E) tao voi hai tiéu diém mot tam giac déu. Viét
phuong trinh dudng tron (7)) c6 tm 1a gdc toa do va cit (E) tai bon diém 1a bon dinh cua

mot hinh vuong.
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Bai 19. Trong mit phang toa @ Oxy, cho tam gidc ABC c6 dinh A(1;2), duong trung
tuyén BM :2x+y+1=0 va phan giac trong CD:x+y—1=0 . Viét phuong trinh duong
thang BC .

Bai 20. Trong mit phing toa dd Oxy, cho tam gidc ABC c6 dinh 4(2;3), tim dudng tron
ngoai tiép (6;6), tam duong tron ndi tiép J (4;5). Tim toa d cac dinh con lai cta tam

gidc ABC'.

2
Bai 21. Trong mit phang toa dd Oxy, cho dudng tron (C): (x—4)2 + (y —gj = % va hai

diem 4(2;3),B(6;6). Goi M,N la hai diém khac nhau ndm trén dudng tron (C) sao cho
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cac duong thing AM va BN cit nhau tai diém H (4;%) , AN va BM cit nhau tai C. Tim

toa do diém C, biét toa do diém H(4;§j .

Bai 22. Trong mit phang toa dd Oxy, cho tam giac 4BC c6 tim duong tron ngoai tiép 1a
1(4;-1). Dudng cao va trung tuyén xuat phat tr dinh 4 lan lugt c6 phuong trinh

x+y—-1=0 va x+2y—1=0. Viét phuong trinh dudng thing chira cic canh cta tam giac
ABC'.

4
1
B ™ c
X+ y-1=0
x+2y—-1=0

Bai 23. Trong mit phang toa dd Oxy, cho tam gidc ABC. Pudng cao ké tir A, trung

tuyén ké tr B, trung tuyén ké tr C lan luwot c¢6 phuong trinh

x+y—6=0,x—2y+1=0,x—1=0. Tim toa d0 cac dinh cua tam giac ABC.
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B(?)

x+y—6=0

Bai 24. Trong mat phéng toa d0 Oxy, cho hinh chit nhat ABCD c6 di¢n tich béng 12, giao
diém cua hai duong chéo 1a J (%,%) , trung diém cua canh 4D 1a M (3;0). Xac dinh toa
do cac dinh hinh chir nhat ABCD , biét A ¢6 hoanh d6 duong.

AT Ssep =12 . B("')

M(3:0) | _I{ :

b | oo

o

)

D() c(?)
Bai 25. Trong mit phing toa d Oxy, cho tam giac ABC vudng cin tai A, phuong trinh
BC:2x—y—7=0, dudng thing AC di qua diem M (-1;1), diém 4 ndm trén dudng thing

A:x—4y+6=0. Tim toa dd cac dinh ctua tam giac 4ABC biét 4 c6 hoanh do6 duong.

B(7)

| M-, 1) c

Bai 26. Trong mit phing toa 40 Oxy, cho tam gidc ABC cantai 4 .Pudng thing AC co
phuong trinh 14 3x—y-5=0. Goi H la trung diém cta BC, D la hinh chiéu vudng goc
cia H 1én AC va M 1a trung diém cia HD. Dudng thang BD di qua diem E(8;-5) va

phuong trinh duong thaing AM 1a 11x—7y—5=0. Tim toa d¢ cac dinh ciia tam giac ABC .
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B(?)

Bai 27. Trong mit phing toa dd Oxy, cho tam gidc 4BC biét dudng cao ké tir 4, trung
tuyén ké tr B va phan giac trong ké tr C lan luot c6 phuong trinh 14
3x-4y+27-0,4x+5y-3=0 va x+2y—-5=0. Xéc dinh toa d§ cac dinh ctuia tam giac
ABC'.

A

.’64—2};-5 =0

) I B(?)
Ix—=4y+27=0

Bai 28. Trong mit phang toa d§ Oxy, cho tam gidc ABC c6 AC=24B. biem M (1;1) la
trung diém cua BC, diém D sao cho AD d6i ximg véi AM qua tia phan giac trong goc
BAC. Puong thiang c¢6 phuong trinh d:3x—-2y+8=0 di qua D . Xac dinh toa d6 dinh B

ctia tam giac ABC, biét C thudc dudng thiang d':x—y—-7=0.

30y D E MQD N
Ix-2y+8=0

Bai 29. Trong mit phing toa d0 Oxy, cho tam gidc ABC ndi tiép duong tron

5Y 1) 325 — 7
(T):(x—ij +(y—zj =T Dudng phan gidc trong goc BAC cit (T) tai E(O;_E)
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Xéc dinh toa do c4c dinh clia tam gidc ABC, biét duong thang BC di qua diem N(-5;2)
va duong thang AB di qua diem P(-3;-2).

A®)

AW

B(?) /C(?)

P E
Bai 30. Trong mit phang Oxy, cho dudng thing A:5x-2y-19=0 va dudng tron
(T):x*+y*—4x-2y=0. Tor mot diém M nam trén duong thing A ké hai tiép tuyén
MA,MB dén dudng tron (C) (4,B 14 hai tiép diém ). Viét phuong trinh dudng tron ngoai

tiép tam gidc AMB biét AB=/10.

A Sx=2y-19=0

J10

Bai 31. Trong mat phéng toa do Oxy, cho hinh binh hanh 4BCD c¢6 BD :TAC. Goi

hinh chiéu vuéng goéc cia diém D 1én cic duong thang 4B,BC lan luot la

M (-2;-1),N(2;-1), biét 4C nam trén dudng thing x—7y =0. Tim toa do cac dinh 4,C .
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N -1y
B/ N
c(?)

x~-Ty=0

M(-2%-1)

A \ 79
| -

Bai 32. Trong mit phang toa dd Oxy, cho tamgiasc ABC c6 trong tAm G(g;lj , trung diém

BC la diém M (1;1). Phuong tinh duong thang chira dudng cao ké tr dinh B 1a
A:x+y-7=0. Tim toa d0 cac dinh cua tam gidc ABC.

A) Arx+y-1=0

BOT gy

Bai 33. Trong mit phing toa d0 Oxy, cho dudng thing A:x—y—1=0. Viét phuong trinh
duong tron (C) c6 tm 7 thudc dudng thing A. Biét (C) cét truc Ox tai hai diém 4,B va

cit truc Oy tai hai diém M,N sao cho dién tich cua hai tam giac IAB va IMN déu béng 12.

4y

M
K A:x—y-1=0
&) 1 > i
W
N .

Bai 34. Trong mit phang toa do Oxy, cho hai dudng (C):x*+)y*-4y=0 va
(C,):x* +y* +4x+18y +36=0. Viét phuong trinh duong tron (C) ¢6 tdm / nam trén duong

thang d :2x+y—7=0 dong thoi tiép xtic véi ca hai dudng tron (C,) va (C,).
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Bai 35. Trong mit phang toa dd Oxy, cho elip (E):;—5+%:1 va diém M (21). Viét

phuong trinh duong thang 4 di qua M cat (E) tai hai diém 4, B sao cho trung diém cua
doan thing 4, B nam trén dudng thing A:y =2x.

Bai 36. Trong mit phing Oxy, cho dudng tron (C):x*+y* =8. Viét phuong trinh tiép
tuyén cua duong tron (C) biét tiép tuyén cit cac tia Ox,Oy lan luot tai 4, B sao cho tam
gidc OAB cb dién tich nho nhat.

)

0 .A\ X

Bai 37. Trong mat phéng toa do Oxy, cho tam giac ABC c6 dinh A(3; —4). Phuong trinh
duong trung truc canh BC, duong trung tuyén xudt phat tir dinh C 1an luot 13 x+y—1=0

va 3x—y-9=0. Tim toa do cac dinh con lai cua tam gidc ABC.

.4_(3;—4)

v cO)
x+y—1=0

Bai 38. Trong mat phéng toa d0 Oxy, cho tam gidc ABC noi tiép duong tron
(T):x*+y*—4x-2y-8=0.Dinh 4 thudc tia Oy, duong cao v& tir C nam trén duong thang

d:x+5y=0. Tim toa do cac dinh cua tam giac ABC, biét C c6 hoanh do 12 mot sd nguyén.

Bai 39. Trong mit phang toa do Oxy, cho hinh vudéng ABCD cé dinh A(-3;5), tam [
thudc dudng thing A:x+y-5=0 va dién tich bang 25. Tim toa d6 cc dinh con lai cta hinh

vudng ABCD, biét rang I c6 hoanh d6 duong.
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A3 B()
|~ Arx+y=5=0

I

S=25

p() e

Bai 40. Trong mdt phiang toa 0 Oxy, cho diém M (0;2) va hai dudng thing A, A, c6
phuong trinh 1an luot 12 3x+y+2=0 va x—3y+4=0. Goi 4 1a giao diém ciia A, va A,.

Viét phuong trinh duong thang A di qua M, cat hai dudng thang A, A, lan lugt tai B, C

= + Ai’z dat gia tri nho nhat.

(B va C khac A4) sao cho

A
A : B H c ™~
M(©.2) : A, x=3y+4=0
A 3x+y+2=0 "
, P , .
Bai 41. Trong mat phang toa d6 Oxy, cho elip (E):E+7:1 ngoai ti€p tam giac déu

ABC . Tinh dién tich tam gidc ABC, biét (E) nhan A(0;2) lam dinh va truc tung lam truc
d6i xtmg. (Khong hinh)

Bai 42. Trong mit phang toa dd Oxy, cho duong tron (T):(x-1)"+(y-2)" =5 va duong
thang A:x+y+2=0. Tir diém A thudc A ké hai duong thing lan lugt tiép xtc véi (7) tai
B va C. Tim toa d0 diém A biét dién tich tam giac ABC béng 8.

Ax+y+2=0"

=]

A

T

0

Bai 43. Trong mat phéng toa d0 Oxy, cho tam gidc ABC cantai 4. Goi G la trong tam cla

tam giac ABC, biét BC va BG lan luot c6 phuong trinh x—2y—4=0 va 7x—4y—-8=0.

Biét duong thang CG di qua diém E(—Z;%). Tim toa d6 diém A4.
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A - 4D

Bai 44. Trong mit phang toa do Oxy, cho elip (E) :;?W+2—5:1. Tim céac diém M thudc

(E) sao cho FMF, =120°, trong d6 F,F, 12 hai tiéu diém cua (E).
Bai 45. Trong mit phang toa d6 Oxy, cho diém I (1;-2) va hai duong thang c6 phuong
trinh 1an luot 1a A, :3x+y+5=0 va A, :3x+ y+1=0. Viét phuong trinh duong thing A di
qua / vacit A,,A,lan lugttai 4 va B sao cho 4B=22.

A(?)

I(.-2) .
M A 41.3I*}‘+5=0

Ay:3x+y+1=0

/E' H

Bai 46. Trong mit phang toa d0 Oxy, cho tam gidc ABC véi trung tuyén va phan giac
trong cta dinh B c6 phuong trinh A, :2x+y—-3=0 va A,:x+y—2=0. Diém M (2;1) nam

trén dudng thang chira canh AB, duong tron ngoai tiép tam giac ABC c6 ban kinh bing

J5 . Xac dinh toa do céac dinh cua tam gidc ABC, biét dinh 4 c6 hoanh d6 duong.

B(%)

i ] I
A0 \ f\ ‘ )
Bai 47. Trong mit phang toa do Oxy,cho hinh chit nhat 4BCD. Biét phan giac trong cia

ABC di qua trung diém M cta AD, duong thing BM c6 phuong trinh x—y+2=0, diém
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D thudc duong théng A:x+y—-9=0 va diém E (—1;2) thudc canhk 4B . Tim toa do cac dinh

ctia cho hinh chit nhat 4ABCD, biét diém B c6 hoanh dd am.

x5 <0
B() F c(
o | Amx-pe2-0
E(-1;2) \ | /
A ALY

Bai 48. Trong mit phing toa do Oxy, cho hinh vuéng 4BCD c6 dinh C(3;-3), M latrung
diém cta BC. Puong thing MD c6 phuong trinh x—y—-2=0, diém 4 thudc dudng thang

d:3+y-2=0.Tim toa d cac dinh con lai cia hinh vudong ABCD.

B()

x=y-2=0

C(3.-3)

D(Y)
Bai 49. Trong mat phéng toa d§ Oxy, cho tam gidc ABC c6 BC=2. Goi H,G lan lugt 1a
tryc tAm va trong tAm cta tam gidc ABC va O 1a trung diém cia BC. Tim toa d6 dinh A4
biét 4 thudc dudng thing A:5x—2y—-4=0 va trung diém K cia HG cung véi cac diém

B,C déu thudc truc hoanh.

4y
e
G
/ M. | )
B\O C X
ASx—2y—-4=0 H

Bai 50. Trong mit phang toa dd Oxy, cho tam giac ABC c6 phuong trinh duong cao ké tir

dinh B va phan giac trong ké tir dinh 4 lan luot 12 d,:3x+4y+10=0 va d,:x—y+1=0.
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Piém M (0;2) thudc duong théng AB va cach C mot khoang bang /2. Tim toa do cac

dinh cua tam giac ABC.
B(?)

()

A

dl.;3x.+4y~a-10={)
Bai 51. Trong mit phang toa do Oxy, cho hinh binh hanh ABCD véi A(3;6). Biét tam
gidc ABC ndi tiép duong tron c6 tim I(1;3) va AB.AC =602 . Hinh chiéu H cuia diém
A xudng canh BC thudc dudng thing d:x+2y—3=0. Hiy tim toa d6 cac dinh con lai
cta hinh binh hanh ABCD biét H ¢6 toa do nguyén va hoanh do cua diém B bé hon hoanh

do diém C.

x?)

A(=3;6)

I(1;3)

BOYN/H c(?)
d:x+2y-3=0
Bai 52. Trong mit phang toa 40 Oxy, cho tam gidc ABC vudng tai 4 c6 duong cao AO.
Goi (T) la dudng tron tam A4, duong kinh OD. Tiép tuyén cua (T) tai D cét CA tai
E(-8;8). Duong cao xuat phat tir dinh 4 cua tam gidc AEB di qua diem M (4;7) . Viét

phuong trinh dudng tron ngoai tiép tam giac ABC biét dudng thing EB c6 phuong trinh
4x+3y+8=0.
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E(-8;8) D

K
My NN

4x+3y+8=0
Bai 53. Trong mit phang toa do Oxy, cho dudng tron (T):(x—2)2 +(y+3)2 =4 va hai
diém A(2;-1),D(2;-5). Mot dudong kinh MN thay d6i sao cho cac dudng thing AM, AN
cit tiép tuyén tai B lan luot tai P va Q. Tim toa do truc tdim H cua tam giac MPQ biét
diém H nim trén duong thang d :2x—y—7=0.

d
K P

Q

Bai 54. Trong mit phang toa dd Oxy, cho hinh binh hanh OABC c¢6 tam / va dién tich

bing 4. Biét A(1;2) va I thudc duong thang A:x+y—1=0. Tim toa d6 cac diém B,C.
Ax+y—1=0

0(0;0) 7 a)

L
1 OABC

c» B(?)
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Bai 55. Trong mit phang toa do Oxy, cho tam gidc ABC c6 dinh A(-3;4), dudong phan
gi4c trong cua goc A c6 phuong trinh x x+ y—1=0 va tim dudng tron ngoai tiép 1a 1 (1;7 ) .

Viét phuong trinh canh BC , biét dién tich tam gidc ABC gip 4 lan dién tich tam giac IBC .

A-3)

&)

x+y-1=0
Bai 56. Trong mit phing toa dd Oxy, cho diém A(2;0) va dudng tron
(T):(x—l)2 +(y+2)2 =5. Tim toa d0 hai diém B,C thudc (T) sao cho tam giac ABC
vudng tai B va c6 dién tich bang 4.

B()

A(2;0) c

N ()

Spe=4

Bai 57. Trong mit phang toa d0 Oxy, cho diém A(;2) va duong tron
(C):x*+»* +2x—4y+1=0. Viét phuong trinh duong tron (C') c6 tm A va cét dudng

tron (C) tai hai diém phan biét M, N sao cho dién tich tam gidc AMN dit gia trj 16n nhat.
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Bai 58. Trong mit phang toa dd Oxy, cho tam gidc ABC ¢6 dinh A(1;5). Tam duong tron
noi tiép va ngoai tiép ctia tam giac 1an lugt 1a K (2;2) va I (%;3) . Tim toa do dinh B va C

cua tam giac.

Bai 59. Trong mit phiang toa d6 Oxy, cho hai diém A(O;2),B(O;—%) va hai dudng thang

A:x—y—-1=0;A,:2x+y+2=0. Hay viét phwong trinh dudng thing A di qua gdc toa do

va cat ALA, lan luot tai M,N sao cho AM song song voi BN .

Ay

Ax=y=1=0
Ayilx+y+2=0

a7y
M

2 "
A

N

Bai 60. Trong mit phiang toa 46 Oxy, cho duong thing A:x—y+5=0va hai elip co

2 2 2 2
phuong trinh (El):;—5+i/—6:1 va (E,): +y_2:1 (a>b>0). Biét hai elip ndy c6 cing

QM|><
o~

tieu diém va (E,) di qua diém M thudc dudng thing A. Tim toa do diém M sao cho elip

(E,) c6 do dai truc 16n nho nhat.

A ¥
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Bai 61. Trong mit phang toa dd Oxy, cho hinh binh hanh 4BCD c¢6 dién tich bang 4. Biét
A(1;0); B(0;2) va giao diém  clia hai dudng chéo nim trén dudng thang A:x—y=0.
Tim toa d cac dinh con lai cua hinh binh hanh 4ABCD .

Ax-y=0

A0 - 7 B@©2)

by 7 )
Bai 62. Trong mit phang toa 46 Oxy, cho tam giac ABC vudng tai A(2;3), AB=2A4C.

Goi M 1a trung diém cia AB. Hinh chiéu vudng goc cua diém M 1én dudng thing BC 1a

K (4;9). Tim toa do cac dinh B,C.
c(?)

T ./ N, K(49)

A(:3) M B
Bai 63. Trong mit phang toa do Oxy, cho hai duong thing A :x+3y—-12=0 va hai diém
M (2;4),N(3;1). Lap phuong trinh dudng tron di qua hai diém M,N va cit A tai hai diém

AB sao cho AB:\/E.

MQ:4) A4B=\0
A:x+3_y—12=0

Bai 64. Trong mit phing toa 46 Oxy, cho diém M (2:1). Viét phuong trinh duong thing

A diqua M cit cac tia Ox,0Oy lan luot tai 4,B sao cho tam giac OAB c6 dién tich nhd
nhat.
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Ay 2x+y+1=0
L Apx—Ty+4=0

- A

Bai 65. Trong mit phing toa d0 Oxy, cho dudng thing x—7y+3=0 A, 2x+y+1=0.
Lap phuong trinh dudng tron c6 tim thugc dudng thang A, va tiép xtic A, tai diém co
hoanh d¢ 1a 4. (Khong hinh)

Bai 66. Trong mit phiang toa dd Oxy, cho tam gidc ABC c6 A(0;2),B(-1;0),C(2;-1).
Goi A 1a duong thang bat ky qua 4 va B, K lan luot 1a hinh chiéu cua cac diém B,C 1én

duong thang A . Viét phuong trinh duong thang A biét BH + CK dat gia tri nho nhat.
A
m
B M c
K
d

, 4 :
Bai 67. Trong mit phang toa do Oxy, cho duong tron (C): (x—2)2 +y' = 3 va hai duong

X d

thang A, :x—y=0; A,:x—y=0. X4c dinh toa d6 tim K cua dudng tron (C) tiép xtc véi
dudng thing A,A, va tim K thude (C).

8,

©)

&

Bai 68. Trong mit phing toa 4o Oxy, cho hai dudng thing A:3x—y=0. Goi (T) la duong

tron tiép xuc vo1 A, tai 4, cit A, tai hai diém B va C sao cho tam giac ABC vuong tai
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B. Viét phuong trinh duong tron (T ) biét rang tam giac ABC c6 dién tich bang % va

diém A c6 hoanh d6 duong.

'dziﬁx—y--{}

2 2

/a4
Bai 69. Trong mit phing toa do Oxy, cho elip (E ):%4_% =1 va hai diém
A(3;-2),B(-3;2). Tim trén (E) diém C ¢6 toa do duong sao cho dién tich tam giac 4BC
16n nhét. (Khong hinh)
Bai 70. Trong mit phang toa do Oxy, cho dudng tron (7):x*+»” =1 va diém 4(1;3).
Viét phuong trinh duong tron (7') qua 4 va tam clia duong tron (7') dong thoi cit duong

tron tai B,C sao cho khoang cach tir diém 4 dén duong thang BC 14 16n nhét.

Bai 71. Trong mit phang toa d Oxy, cho hinh binh hanh ABCD c6 dién tich bang 16. Biét

tam gidc ABC can tai 4; BC=4 va K (%,%) 1a hinh chiéu cua diém B xuéng canh

AC. Tim toa do cac dinh ctia hinh binh hanh ABCD biét B thudc duong thing

A:x+y—3=0 dong thoi hoanh d6 cac diém B,C déu la cac sd nguyén.
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AQ) N\ 50

—te

BC=4
721 18 A rsu—3 o
KLT‘TJ H Ax+y-3=0
D(?) c

Bai 72. Trong mit phing toa d0 Oxy, cho dudng tron (T) di qua A(4;2), tiép xtic v6i
A x=2y-5=0 tai diém B cb tung do am va cit A,:x=3y+6=0 tai C va D sao cho
ABCD 1a hinh thang c6 2 ddy 4AD,BC va 2 duong chéo AC,BD vudng goc. Tim toa do
cac dinh con lai ctia hinh thang ABCD .

_ Ay x=3y+6=0
Apx—2y—5=0

A2 1;5(?)

cO)

Bai 73. Trong mit phang toa dd6 Oxy . Lap phuong trinh chinh tic cua elip (E ) , biét diém
M (1;+/3) nhin hai tiu diém cia (E) duéi mot géc vuong va hinh chit nhat co s cta (E)
noi tiép dudng tron cé phuong trinh x? + y* = 20. (Khong hinh)

2

2
X
LY

r =1 ¢6 hai tiéu diém F,F, .
25

Bai 74. Trong mit phing toa do Oxy, cho elip (E):
Tim toa d diém M thudc (E) sao cho ban kinh dudng tron ndi tiép tam gidc MFF, bang
4 A

3 (Khong hinh)

Bai 75. Trong mit phang toa do Oxy, cho diém M (2\/5 ;2). Viét phuong trinh chinh tic
cua elip (£) di qua diém M , sao cho M nhin hai tiéu diém ctia (E) dudi mot goc vudng.
(Khong hinh)

Bai 76. Trong mit phang toa d0 Oxy, cho hinh chit nhat 4BCD c¢6 dién tich bang 6.

Phuong trinh dudng thang chtra dudng chéo BD 1a 2x+ y—11=0, dudng thang AB di qua
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M (4;2), duong thang BC di qua N (8;4). Viét phuong trinh cac dudng chira cac canh cia
hinh chit nhat ABCD, biét diém B,D déu c6 hoanh d6 16n hon 4. (Khong hinh)

Bai 77. Trong mit phang toa dd Oxy, cho tam gidc ABC vudng tai A (AB> AC) c6 dién
tich bang 12. Pudng phan gidc trong ciia goc A cit doan BC tai diém D(-2;-2). Piém 4
nam trén dudng thing x =-5 va CD.BD =15. Tim toa d6 diém C, biét rang C c6 tung do

p-2-7 =l

CDBD =15

Ye<0

4 0

Bai 78. Trong mit phing toa dd Oxy, cho hinh thoi ABCD tdm I. Goi M,N lan luot 1a
trung diém cua AI,CI. Biét MBND 1a hinh vudng, duong thang BD c6 phuong trinh
3x—2y+1=0. Diém d6i xtmg véi diém N qua diém C la H(10;—4). Tim toa do c4c dinh
ctia hinh thoi, biét rang hoanh d6 diém B khong nhé hon hoanh do diém D .

3x-23+1=0

5(?)

A /7 N

~CO  H10;-4)

D(Y)

Bai 79. Trong mit phang toa do Oxy, cho tam gidc ABC cb trong tim G(l;%), dudng

thang trung truc ciia canh BC c6 phuong trinh x—3y+8=0 va dudng thing 4B co

phuong trinh 4x+ y—9=0. X&c dinh toa do cac dinh cua tam giac 4ABC.

dx+3-9=0
A() X-3y+8=0
SR
Gi‘ﬁ‘LT ’.F
. Y
B(?) ' M : c®
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Bai 80. Trong mit phang toa dd Oxy, cho dudng tron (C):(x—4)>+)* =4 va diém

E(4;1). Tim M trén truc tung sao cho tir M ké duoc hai tiép tuyén MA, MB dén duong tron
(C) v6i A, B 1a cac diém sao cho dudng thing 4B di qua E.

x=0

E(4:D)

M(7)

Bai 81. Trong mit phing toa dd Oxy, cho tam gidc ABC véi dinh A4(1;-2). Dudng cao
BH va dudng phan giac BN cla tam gidc 4BC c6 phuong trinh 1an luot 1a x—y+1=0 va

2x+y+5=0. Tim toa do cac dinh con lai cua tam gidc ABC.

x=y~1=0

B() D c

Bai 82. Trong mit phang toa dd Oxy, cho tam gidc ABC can tai C c6 phuong trinh canh
AB 1a x-2y=0. Piém 1(4;2) 1a trung diém cua 4B, diém M(4;§j thudc canh BC,

dién tich tam giac 4BC bang 10. Tim toa do cac dinh ctia tam giac biét tung d6 cta diém B

khong hon 3.
c™

Sae=10

x-2y=0

AT (&N B()
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Bai 83. Trong mit phing toa do Oxy, cho 3 diém I(1;-1), M(2;3), N(5;0). Tim toa do
cac dinh cua hinh vuéng ABCD sao cho [ 1a tdm cua hinh vuéng, M thudc canh AB, N

thudc canh BC .

B(?)
N(5:0)
T(@:-1)

D(?) ¢
Bai 84. Trong mat phing toa d Oxy, cho hinh chit nhat 4BCD c6 dién tich bang 12.

Piém / 13 giao diémn cta hai dudong thing d:x—y-3=0 va d,:x+y—-6=0. Trung
diém ctia canh 13 giao diém ctia d, véi truc Ox . Biét diém 7 13 tim cta hinh vuéng ABCD

va A co6 tung d§ duong. Tim toa dJ cac dinh cua hinh chit nhat ABCD.

2

Bai 85. Trong mit phang toa do Oxy, cho diém C(2;0) va elip (E):x?+y2 =1. Tim céc

diém A4,B trén (E) sao cho CA=CB vatam gidc CAB c6 dién tich 16n nhat.

$y

AQC)

=N
=

B(?).

Bai 86. Trong mit phang toa dd Oxy, cho tam giac ABC vudng can tai A. Biét canh huyén
nim trén duong thing x+7y-31=0, diém N (1;%) thuoc duong thang AC, diém

M (2;-3) thudc dudng thing 4B . Xéc dinh ttd céc dinh cta tam gidc ABC biét ring 4 c6

hoanh d6 am.

C
ro5n
N;\h 1;1)

A M@-3)
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Bai 87. Trong mit phing toa d6 Oxy, cho dudng tron (7):x* +)° —8x+6y+21=0 va
duong thing A c6 phuong trinh x+y+1=0 . Xac dinh toa do cac dinh cua hinh vudng

ABCD ngoai tiép (T), biét ring diém A thudc duong thing A va c6 hoanh d6 nhé hon 3.

Aix+y=1=0
A) A B(7)
2
N I{#:-3)
D) 0

Bai 88. Trong mit phang toa d§ Oxy, cho dudng tron (7):x”+y* —2x+2y—-23=0. Viét
phuong trinh duong thing A di qua diém A(7;3) va cét dudng tron (7) tai hai diém phan

biét B,C sao cho AB=3AC.

/ A(T)

00 O ' 7B

Bai 89. Trong mit phing toa do Oxy, chon duong tron (C):x*+)* —4x+6x-12=0 va
diém M (2;4\/3 ) Viét phuong trinh dudng thing A cit (C) tai hai diém 4, B sao cho tam
giac MAB déu. (Khong hinh)

Bai 90. Trong mat phéng toa do Oxy, cho hinh chit nhat ABCD c6 phuong trinh duong
thang AB,BD lan lugt 1a x—2y+1=0 va x—7y+15=0. Pudng thing AC di qua diém
M (2;1). Tim toa do diém N thudc BD sao cho MA+ NC nho nhat.
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x=7Ty+14=0

x=2y+1=0
M) B =

I (N4+NCY__

N
D c

Bai 91. Trong mat phéng toa do Oxy, cho tam gidc ABC céan tai 4,D la trung diém cua

doan AB. Biét rang J (%,%) , E (?,gj 1an luot 13 tAm dudng tron ngoai tiép ABC, trong

tam tam gidc ADC. Cac diém M (3;-1),N(-3;0) 1an luot thude cac dudng thang DC, AB .

Tim toa d6 cac dinh cta tam gidc ABC biét rang A c6 tung d6 duong.
A

Bai 92. Trong mit phing toa d0 Oxy . Viét phuong trinh chinh tic cta elip (£). Biét (E)
di qua diém M (—2;-3) va c6 phuong trinh mot duong chuan la x+8=0 .

Bai 93. Trong mit phing toa dd Oxy, cho duong tron (C):x* +)* —2x—4y-20=0. Goi
I 1a tdm ctia (C). Viét phuong trinh dudng thing cit (C) tai hai diém 4,B sao cho ABOI

1 hinh thang ddy AB c6 d6 dai la 44/5 .

0@:0) 1(1:-2)

™

!
INE T
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Bai 94. Trong mit phing toa d Oxy, cho hinh vuéng ABCD c6 M la trung diém cia
canh BC , phuong trinh dudng thing DM 1a x—y—2=0 va diém C(3;-3). Biét dinh 4

thudc duong théng 3x+y—-2=0 va A c6 hoanh do am. Xdac dinh toa do cac dinh A4,B,D.

Ix+y—-2=0

A() B0
x—-y=2=0
% C(3:-3)

Bai 95. Trong mit phing toa do Oxy, cho tam giac ABC ndi tiép dudng tron c6 phuong
trinh x> + > —4x-2y—-8=0. Dinh 4 thudc tia Oy , dudng cao ké tir dinh C thudc dudng
thang x+5y=0. Tim toa do cic dinh cta tam giac ABC biét dinh C c6 hoanh do 13 mot

sO nguyén.

, 2 .k
Bai 96. Trong mit phang toa d0 Oxy, cho duong tron (C):(x— 1)2 +(y- 1)2 = 75 ndi tiép

hinh vuéng ABCD, dudng chéo AC song song v6i dudng thing 4x—3y+2015=0. Tim

toa do cac dinh cua hinh vuéng biét dinh A4 va dinh B déu c6 hoanh d6 duong.

4 B

4x-31+2015=0 f\
"

D
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Bai 97. Trong mit phing toa d0 Oxy, cho hinh binh hanh ABCD biét dinh B(2;-1),
duong cao AH trong tam gidc ABC co6 phuong trinh 3x—y—-9=0 va duong phan giac
cua goc ACB c6 phuong trinh x—y+1=0. Tim toa d¢ dinh D.

E.
X-y~1=0 - D)
I
L :
B2;-1) |H C
Ix—-y-9=0

Bai 98. Trong mit phang toa 6 Oxy, cho tam gidc ABC c6 dinh A(3;0), canh BC ¢6
phuong trinh 3x—4y+1=0. Duong thing A c6 phuong trinh x+3y—4=0 cét doan thing
BC tai diém H sao cho HC =2HB . X4c dinh toa d6 dinh B,C biét dién tich cta tam giac
ABC bang 15 va B ¢6 hoanh d6 duong.

4(3.0) x+3y—-4=0

B(?) /H c(?)
S go=15

(xa}ﬂ)

2 2

Bai 99. Trong mit phang toa dd Oxy, cho elip ¢ phuong trinh ;—5 + ic_6 =1 . Tim diém M
nam trén elip sao cho MF =4MF,, trong d6 F,F, lan luot 1a cac tiéu diém trai, phai ctuia
elip.

Bai 100. Trong mit phang toa dd Oxy, cho hinh thoi 4BCD c6 dinh A(—2;2),@ =60°

va dién tich hinh thoi béng 12\/§ . Xac dinh toa do cac dinh B,C,D biét duong chéo BD

vudng goc voi dudng thang x+ y—3=0 va tdm cta hinh thoi c6 hoanh d6 duong.

A(=2;2)

x+y-3=0

D)

S sep =123
c(?”

Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com Page 151




Néu ban can loi giai xin lién hé email: tailieutoan2015vi@gmail.com Page 152




